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SPIKING NEURAL NETWORK ANALOG  
TWO-VARIABLE NEURON IMPLEMENTATION

D.I. Skrebenkov ✉ , D.O. Budanov   
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St. Petersburg, Russian Federation
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Abstract. Currently, the problem of using neural networks in embedded systems, which have  
constraints on power consumption and area occupied, is relevant. At the same time, there is  
growing interest in spiking neural networks – more biologically realistic neural networks  
with potentially higher energy efficiency. This paper presents a review of existing hardware  
implementations of spiking neural networks, implemented both in the digital and analog  
domains. A hardware implementation of analog spiking neuron and synapse fabricated in Mikron  
JSC 180 nm CMOS technology with a reduced supply voltage of 0.6 V is presented. According  
to the simulation results, the energy consumption of a single neuron was 1.46 pJ/spike. The  
paper also provides a formula for comparing energy consumption between neurons fabricated in  
different technologies and with different supply voltages. According to this formula, the energy  
consumption of the implemented neuron is comparable to that of the referenced sources.

Keywords: spiking neural network, power consumption, spiking neuron, analog neuron, analog 
synapse
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Научная статья
DOI: https://doi.org/10.18721/JCSTCS.19201
УДК 004.032.26

РЕАЛИЗАЦИЯ АНАЛОГОВОГО ДВОИЧНОГО НЕЙРОНА 
ДЛЯ ИМПУЛЬСНОЙ НЕЙРОННОЙ СЕТИ

Д.И. Скребенков ✉ , Д.О. Буданов  
Санкт-Петербургский политехнический университет Петра Великого,  

Санкт-Петербург, Российская Федерация
✉ skrebenkov_di@spbstu.ru

Аннотация. В настоящее время актуальна проблема использования нейронных сетей  
во встраиваемых системах, в которых существуют ограничения по потребляемой мощ-
ности и занимаемой площади. В то же время растет интерес к импульсным нейронным  
сетям – более биологически реалистичным нейронным сетям с потенциально более  
высокой энергоэффективностью. В данной работе представлен обзор существующих  
аппаратных реализаций импульсных нейронных сетей, реализованных как в цифровой  
области, так и в аналоговой. Представлена аппаратная реализация аналоговых импуль-
сных нейрона и синапса, выполненного по технологии АО «Микрон» 180 нм КМОП с  
пониженным напряжением питания 0,6 В. По результатам моделирования потребляемая  
энергия одного нейрона составила 1,46 пДж/импульс. Также в работе приведена форму-
ла для сравнения потребляемой энергии между нейронами, выполненными по разным  
технологиям и с разным напряжением питания. По данной формуле потребляемая энер-
гия реализованного нейрона сопоставима со сравниваемыми источниками.

Ключевые слова: импульсная нейронная сеть, потребляемая мощность, импульсный ней-
рон, аналоговый нейрон, аналоговый синапс

Для цитирования: Skrebenkov D.I., Budanov D.O. Spiking neural network analog two-variable  
neuron implementation // Computing, Telecommunications and Control. 2026. Т. 19, № 2.  
С. 7–15. DOI: 10.18721/JCSTCS.19201

© Скребенков Д.И., Буданов Д.О., 2026. Издатель: Санкт-Петербургский политехнический университет Петра Великого

Introduction

Artificial neural networks (ANNs) are widely used in various areas such as classification and clus-
tering, image and speech recognition, prediction etc. Several types of neural network are developed,  
for example, feed-forward neural network (FFNN), convolutional neural network (CNN), recur-
rent neural network (RNN) etc. ANNs can also be applied in embedded systems for vehicle driver  
assistance [1], real-time image recognition [2, 3], monitoring [4] etc. The use of ANNs in embedded  
system is limited by small area and low power consumption that leads to the need to develop specific  
ANNs which can meet these restrictions. Spiking neural network (SNN) uses a different type of neu-
ron interaction compared to other ANNs. The nature of this network can be used to develop neural  
networks with lower power consumption that are suitable for embedded devices.

This paper describes the basics of SNNs and shows several existing approaches to spiking neuron  
implementations. One of the approaches has been implemented using 180 nm technology to evaluate  
its benefits and drawbacks.

SNN basics

Basic principle
An SNN is a next-generation of neural network that is mostly based on biological mechanisms of  

neuron interactions. An SNN operates with spikes – short impulses which can activate a neuron and  

https://orcid.org/0000-0002-5925-5628
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Fig. 1. Spiking neuron model [5]

Fig. 2. Frequency and temporal encoding [5]

Fig. 3. Equivalent circuit and time diagram of HH model [6]

make it produce another spike. An illustrative example of a spiking neuron performance is shown in  
Fig. 1.

Encoding
Data encoding in SNNs is also different compared to ANNs. An SNN operates with data distrib-

uted in time, so encoding may be done by the number of spikes in a given period (frequency encoding)  
or by the time between spikes (temporal encoding). These types are shown in Fig. 2.

Neuron models
There are a lot of spiking neuron models. Some of them are purely mathematical models that are  

not applicable in hardware-implemented neural networks because of their complex computations,  
such as the Izhikevich model [5]. Another popular model is the Hodgkin-Huxley (HH) model [6] that  
includes several biological parameters of a biological neuron. The equivalent circuit and time diagram  
of the HH neuron model are shown in Fig. 3.
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The most popular spiking neuron model is the Leaky Integrate-and-Fire (LIF) neuron [6]. In  
comparison with the HH model, it does not have ion potentials, but it still considers several biologi-
cal mechanisms such as refractory period and leakage when there is no input excitation. All observed  
hardware implementations of SNN use this model of neuron due to its balance between simplicity and  
biological plausibility. The Integrate-and-Fire (IF) neuron model [6] does not have a refractory period  
and is one of the simplest spiking neuron models. However, according to a review of papers devoted  
to hardware implementation of neural networks, the IF model is not used as widely as the LIF one.

Hardware implementation of SNN

General device implementation
Despite focusing on hardware implementation, it is necessary to consider software-based imple-

mentations using general-purpose devices for computations such as CPUs and GPUs. In [7], a com-
parison between an ANN and an SNN for a classification task is presented. The data for classification  
were real-time ECG signals. The paper shows that the SNN accuracy was 2.5% higher than that of the  
ANN. However, there is no additional data in the paper to reveal which structure of ANN was used.  
In [8], an SNN for ECG signals processing is presented. The paper shows that the applied SNN can  
achieve 93–94% accuracy for real-time ECG classification.

FPGA-based implementation
FPGA is a widely used device for developing accelerators for ANN because of its high flexibility.  

In [9], both a new type of data encoding for SNNs and important parameters for embedded devices  
are presented. According to this paper, FPGA solutions in recent years can achieve 97% classification  
accuracy with power consumption down to 100 mW. In [10], an algorithm to switch from an ANN to  
an SNN to avoid the training operation for SNN is shown, which is usually more complex than train-
ing an ANN. A comparison between the starting ANN and the resulting SNN shows that the accuracy  
slightly decreased from 92.43 to 91.96% and power consumption decreased significantly from 0.56 to  
0.20 mW.

ASIC digital implementation
When it comes to ASIC, there is a possibility to use not just a digital domain but also mixed and  

analog circuits to implement neural networks.
In [11], digital SNN was firstly verified using FPGA and then implemented in ASIC using 40 nm  

technology and a comparison of several recent papers was given. According to this comparison, the  
accuracy of implemented SNN achieves 90% or higher and the occupied area varies from 0.1 mm2  
to 40 mm2. Energy consumption in the highlighted work achieve 0.75 µJ per classification. In [12],  
multicore coprocessor was implemented using 14 nm technology and achieves 26.7 pJ/spike energy  
consuming with a total occupied area 60 mm2.

ASIC analog implementation
In [13], a full analog neuron circuit for SNN with clocked comparators is presented. This solution  

is implemented using 22 nm technology and achieves 87 fJ/spike energy consumption with 14000 um2  
occupied area. This work also considers a comparison between several mixed-signal approaches which  
shows that energy consumption can achieve values from hundreds of fJ/spike to tens of pJ/spike. In  
[14], an analog neuron implemented in 150 nm technology with energy consumption 55 fJ/spike and  
occupied area 250 um2 is presented. It shows noticeable energy consumption but requires high-vol- 
tage additional circuits in training stage.

SNN neuron implementation

A spiking neuron and a synapse were implemented based on [15]. Their performance was then eva- 
luated. The circuit diagram of the neuron is shown in Fig. 4.

The neuron has three units. The first unit calculates the membrane potential using a current mirror  
and a capacitor. The input current drives the current mirror when the input current is higher than the  
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leakage one. The membrane potential is proportional to the charge stored in capacitor C0 and decays  
through transistors M3 and M5. Transistor M5 is controlled by external voltage V_L and provides the  
leakage current. When a spike is generated, transistor M4 opens and the membrane potential is set to  
the value of external voltage V_c.

The second unit calculates the adaptation potential and its value is proportional to the charge  
stored in capacitor C1. When a spike is generated, transistor M14 opens and the adaptation potential  
is increased depending on external voltage V_D, which is the gate voltage of transistor M16. When a  
spike is not generated, the adaptation potential decays through transistors M6 and M9, and the latter  
is controlled by external voltage V_A. The current flow of transistor M5 increases as the adaptation  
potential increases and makes it more difficult for the membrane potential to increase.

The third unit is a comparator which is controlled by external voltages for setting the threshold and  
bias voltages. The circuit diagram of the synapse is shown in Fig. 5.

The neuron and the synapse were implemented using Mikron JSC 180 nm CMOS technology. The  
supply voltage was decreased from 1.8 V, which is standard for the technology, to 0.6 V. It allows power  
consumption to be reduced by moving the operating points of transistors to the sub-threshold region,  
as is done in the reference paper.

The simulation circuit is shown in Fig. 6.
The input source is implemented as a PMOS current mirror. The value of the input current is  

controlled by transistor M3 with a DC gate voltage. A pulse source is used to set the initial state. V_B  
voltage is set to Vdd to bring the comparator to its operating point. V_D is a PMOS gate voltage, so it  
is set low to let current flow when a spike is generated. V_c is a relaxation voltage, so it is also set low.  
V_L and V_A are set high (400 mV and 600 mV respectively) to achieve a noticeable leakage current.  
This simulation contains only one neuron whose output is the output of inverters, and capacitors were  
set as a load for it. During the simulation, the power consumption for each spike was measured, and  
its value is 1.46 pJ per spike.

For comparison between neurons implemented with different technologies, technology-indepen- 
dent energy estimation per spike is given by:

where W is the technology-independent energy per spike, W0 is the technology-dependent energy per  
spike, T0 is the technology node of the evaluated circuit, Tref is the reference technology node, Vdd0  
is the voltage supply of estimated circuit and Vddref is the reference voltage supply.

Fig. 4. Neuron circuit
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Fig. 5. Synapse circuit

Fig. 6. Simulation circuit

According to this estimation, the neuron circuits from the references are compared with the imple-
mented neuron circuit. Results are shown in Table 1.

Table  1
Comparison of estimated energy consumption

Neuron Technology node Vdd, V Estimated W, pJ per spike

[13] 22 nm 0.8 13.06

[14] 150 nm 0.4 0.362

[15] 65 nm 0.3 4.017

This work 180 nm 0.6 4.424
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After schematic simulation, the layout of neuron circuit was designed. The layout of the SNN neu-
ron is shown in Fig. 7. The occupied area of the neuron is 1440 µm2. A guard ring was implemented  
around the chip to provide a protection against electrostatic discharge and to enable experimental  
measurements. The total area of the chip with the ESD guard ring is 887400 µm2.

A synapse with two input neurons (with same weight values) and one output neuron was simulated  
taking into account the parasitic parameters of the SNN neuron circuit layout. A significant drawback  
of this synapse is that the weights of the neurons are set through the width of the transistors (M12 and  
M0 in Fig. 5). This will lead to weight mismatch on a real device because the effective width of the  

Fig. 7. SNN neuron layout

Fig. 8. Neuron with ESD guard ring
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transistors is depending on several factors of environment where this device is used and on semicon-
ductor process effects during chip manufacturing. For further applications, it is necessary to move  
away from setting the weights using the transistor width and provide another method of weight setting 
for the SNN based on this neuron.

Conclusion

This work has presented a hardware implementation of an analog SNN neuron and a synapse with  
neuron energy consumption 1.46 pJ/spike at a supply voltage of 0.6 V in Mikron JSC 180 nm CMOS  
technology. Using the formula for comparison between implementations with different technologies,  
it was shown that the implementation presented in this work has comparable energy consumption  
compared to the reviewed works. A circuit with several neurons and their connection via a synapse  
was simulated to validate its performance. A drawback of the implementation presented in this work  
is that the neurons weights are set by the width of the synapse transistors, which will lead to weight  
mismatch. Further studies are required to find other ways of setting neurons weights and to reduce  
energy consumption of the neuron circuit for better energy efficiency.
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cooperative attention-based gated recursive unit (TFCA-GRU). By integrating temporal and  
feature channel attention mechanisms, the model adaptively focuses on degradation-related  
time steps and key sensor features to build more robust RUL models from multidimensional  
time-frequency fusion data. Therefore, the TFCA-GRU enables sensitive extraction of critical  
features from long-term dependencies and local feature information. The validity of the proposed  
TFCA-GRU is verified using the bearing dataset from the XJTU-SY and the IEEE PHM 2012  
Prognostic Challenge. This paper also provides the model’s intrinsic interpretability through  
structured non-uniform attentional learning across time and feature dimensions. This reveals  
TFCA-GRU’s selective attention to information time intervals and feature dimensions, which  
improves the transparency of the model. Experimental results show that the proposed TFCA-
GRU performs better than some existing prediction methods in bearing RUL prediction across  
operating conditions.
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Аннотация. Точное прогнозирование остаточного ресурса (Remaining Useful Life,  
RUL) подшипников качения в различных условиях эксплуатации является ключевым  
элементом для организации проактивного обслуживания промышленных систем. Для  
преодоления ограничений традиционных рекурсивных моделей, которые не всегда  
способны улавливать сложные временные зависимости и различать вклад отдельных  
датчиков, мы предлагаем рекуррентный блок с механизмом совместного внимания по  
временной и признаковой размерностям (TFCA-GRU). Механизм TFCA-GRU интегри-
рует внимание к временной последовательности и к каналам признаков, что позволяет  
модели адаптивно фокусироваться на ключевых этапах временной динамики, связан-
ных с деградацией, а также на наиболее информативных сенсорных признаках. Это, в  
свою очередь, позволяет строить более устойчивые модели RUL на основе многомерных  
частотно-временных данных. Таким образом, TFCA-GRU обеспечивает более чувстви-
тельное извлечение критических признаков из долговременных зависимостей и локаль-
ной признаковой информации. Модель была верифицирована на наборах данных XJTU-
SY и IEEE PHM 2012 Prognostic Challenge. В работе также подчеркивается внутренняя  
интерпретируемость модели, которая достигается за счет структурированного неравно-
мерного обучения внимания по временной и признаковой размерностям. Это позволяет  
раскрыть избирательное внимание TFCA-GRU к информативным временным интер-
валам и признаковым размерностям, что в свою очередь повышает прозрачность моде-
ли. Экспериментальные результаты показывают, что предложенная модель TFCA-GRU  
превосходит некоторые существующие методы прогнозирования RUL подшипников в  
различных условиях эксплуатации, что делает ее перспективной для практического при-
менения в промышленных системах.

Ключевые слова: остаточный ресурс, глубокое обучение, механизм внимания, рекуррент-
ный блок, слияние временных и частотных характеристик, интерпретируемость модели
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Introduction

Mechanical systems are the foundation of modern industry and accurate prediction of the Re-
maining Useful Life (RUL) of critical components is essential to ensure reliability and reduce main-
tenance costs [1, 2]. As a core element of Prognostics and Health Management (PHM), RUL pre-
diction is particularly important for rolling bearings, which are prone to failure and widely used in  
rotating machinery. Effective RUL estimation enables timely maintenance, minimizes downtime and  
improves the efficiency and safety of the entire system [3].
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As the requirements for equipment reliability and operational safety continue to increase, various  
advanced techniques have been applied to the RUL prediction of rolling bearings. Existing methods  
are broadly categorized into model-based and data-driven approaches. Model-based approaches rely  
on physical or mathematical models to simulate degradation behavior, but their applicability in the re-
al world is limited due to the complexity of the failure mechanisms and the need for extensive a priori  
knowledge. In contrast, data-driven approaches utilize sensor data and machine learning algorithms  
such as support vector regression, random forests and neural networks to learn degradation patterns  
without the need for explicit physical models. These methods offer greater adaptability and scalability  
for industrial applications, making them more suitable for complex nonlinear systems [4, 5].

With the rapid development of AI, Deep Learning (DL) techniques hold great promise in the field  
of PHM, especially in the RUL prediction of rolling bearing [6]. These methods, including Con-
volutional Neural Network (CNN), Recurrent Neural Network (RNN) and Gated Recurrent Unit  
(GRU), can learn degradation patterns directly from raw sensor signals without the need for manual  
feature extraction. Various strategies have been proposed to improve prediction accuracy and robust-
ness [7]. For example, in [8], a multiscale variational Gaussian self-attention (MVGA) mechanism  
was developed, that is integrated with a Depth-Wise Sparse Attention Long Short-Term Memory  
(LSTD) to enhance temporal modelling and mitigate feature confounding through depth propaga-
tion. In [9], the focus is on the construction of effective Health Indicators (HIs) via an unsupervised  
approach by employing a multiscale convolutional LSTM auto-encoder that combines support vector  
regression and CNN-BiLSTM networks, resulting in improved RUL prediction without the need for  
manual preconditioning. In [10], the problem of uncertainty modelling and noisy signal interference  
with the Deep Residual Temporal-Spatial Network (DRTS-Net) was addressed, which integrates at- 
tention and soft thresholding to enhance interpretability and probabilistic health estimation.

GRU networks are able to capture long-term temporal dependencies while reducing computa-
tional complexity, and thus have become a widely adopted architecture in time series modelling.  
GRUs are more compact, converge faster, and have a smaller number of parameters than traditional  
LSTM networks, making them well suited for industrial applications that require real-time and re-
source-efficient RUL prediction. In recent years, various GRU-based models have been developed  
to improve the performance of bearing RUL estimation. For example, in [11], a Multiscale Efficient  
CNN (MSECNN) is proposed, incorporating bidirectional GRUs to exploit spatial and temporal  
degradation features. They implemented image-based feature extraction using the Gramian Angular  
Difference Field (GADF) transform to improve the prediction performance under stable conditions.  
Similarly, in [12], a multi-scale gated CNN-GRU architecture is introduced and used a transformer  
encoder to improve long-range dependency modelling. In [13], stacked GRUs integrating Dynamic  
Time Warping (DTW) based attentional mechanisms and Bayesian inference are employed to achieve  
prediction accuracy and uncertainty estimation. Together, these approaches demonstrate the versatility  
and potential of GRU-based frameworks for RUL prediction tasks.

Although effective, existing GRU-based models face several significant limitations. Firstly, many  
models rely on signal transformation or manual feature extraction (e.g., GADF coding or engineering  
health metrics), which can introduce information loss and increase preprocessing complexity. Sec-
ondly, while GRUs can capture temporal dependencies, they lack the intrinsic ability to distinguish  
which time steps or sensor channels are most informative about degradation progress. While atten-
tional mechanisms have been employed to address this issue, most existing implementations deal with  
the time and feature dimensions separately or asymmetrically, failing to jointly model their interac-
tions. Moreover, architectures that combine GRUs with complex modules such as transformers or  
Bayesian estimators typically incur significant computational overheads, which limits their utility in  
real-world deployments under different operating conditions.
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To address these challenges, we propose a novel architecture – Temporal and Feature Cooperative  
Attention GRU (TFCA-GRU) – which integrates attention mechanisms along the time and feature  
axes into a unified, lightweight GRU-based framework. This design enables the model to dynamically  
emphasize critical time steps and degradation-sensitive sensor dimensions, thereby improving predic-
tion accuracy and interpretability under different operating conditions without sacrificing computa- 
tional efficiency. The main contributions of this work are as follows:

1.  A novel time and feature cooperative attention-based GRU framework (TFCA-GRU) is pro-
posed for predicting the RUL of bearings under different operating conditions. The model effectively  
captures long-range time dependencies and critical sensor interactions through joint attention mo- 
delling.

2.  A Multi-Head Temporal Attention Mechanism (MTAM) is designed to dynamically highlight  
the time steps associated with degradation, thereby improving the model’s ability to identify critical  
stages in the degradation process. In addition, a feature-focused module is introduced for adaptively  
re-weighting input features, thus allowing the model to focus on condition-sensitive signals while  
maintaining a lightweight structure.

3.  Experiments conducted on the XJTU-SY and IEEE PHM 2012 Prognostic Challenge datasets 
demonstrate the effectiveness and generality of the proposed method. The model shows good predic-
tion accuracy and robustness across operating conditions.

4.  The interpretability of the proposed model is verified through attention visualization, which 
demonstrates its ability to selectively focus on the information time interval and feature dimensions, 
thus improving the transparency of the model.

Proposed methods

TFCA-GRU framework for bearing RUL
The overall system framework of rolling bearing RUL based on TFCA-GRU is shown in Fig. 1.  

The system contains four main components, which are: equipment data acquisition, data preprocessing,  
TFCA-GRU model, and RUL prediction.

GRUs
LSTM networks were introduced to alleviate the gradient vanishing and gradient explosion prob-

lems faced by traditional RNNs when processing long sequence-dependent information. LSTMs en-
hance the capture of long dependencies by designing forgetting gates, input gates, and output gates  
to selectively store and update time-series information. However, with the increasing demand for  
network efficiency and model simplicity, GRU has emerged as an improved version of LSTM.

GRU achieves efficient management of information flow by combining the forgetting and input  
gates of LSTM into a single update gate and introducing a reset gate. This improvement not only  
reduces the number of network parameters, but also reduces the model complexity and effectively  
avoids the risk of overfitting. Meanwhile, GRU maintains the sensitivity to information dependence  
on long series modelling, which further improves the performance of time series prediction.

The core structure of GRU consists of four main states:
1)  reset gate rt,
2)  update gate zt,
3)  candidate hidden state     
4)  output hidden state ht.
The parameter update equations of GRU model are as follows:

,th

( )1 ;t r t r t rr W X U h b−= σ + + (1)

( )1 ;t z t z t zz W X U h b−= σ + + (2)
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Fig. 1. System framework of the rolling bearing RUL based on TFCA-GRU

where σ ∈ (0,1) is the activation function, tanh ∈ (–1,1) is the hyperbolic tangent function, W and U  
are the weight matrices, b is the bias term, and ʘ is the element-level multiplication.

MTAM
MTAM aims to simulate human’s ability to selectively pay attention to time-series information,  

so that the model can dynamically allocate attention weights, focus on important time steps, and  
enhance the ability to capture long-time dependencies. Traditional RNNs are limited to a fixed time  
window, making it difficult to adequately model long-term dependent information. With the intro-
duction of the temporal attention mechanism, however, the model is no longer limited to sequential  
traversal, but models global associations for all time steps, which substantially improves the flexibility  
and accuracy of information capture.

The core idea of the temporal attention mechanism designed in this paper is to map the input  
sequence to three vectors: query, key and value, – and calculate the attention weights through the  
interaction between these three to determine the degree of attention of the model to different time  
steps [14].

( )1tanh ;t t t th WX r Uh b∗
−= + + (3)

( ) 11 ,t t t th z h z h∗
−= − +  (4)
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Suppose the input time sequence is X = [x1, x2, …, xT], where xt ∈ ℝd is the feature vector of the  
t-th time step, T is the length of the sequence, and d is the feature dimension. In the temporal atten-
tion mechanism, the input is first linearly mapped to generate a query vector, a key vector and a value  
vector. The transformation process of the three vectors is as follows:

where WQ, WK and WV are the weight matrices after linear mapping, bQ, bK and bV are the bias vectors.
The model then calculates the similarity weights of the query and key for each time step using  

scaled dot product, and the attention weight matrix A is weighted and summed with the value vector  
V to obtain the final attention representation A:

where A is the attention weight of each time step to the other time steps, and         is a scaling factor  
to prevent the gradient from disappearing.

In order to enhance the model’s ability to capture multi-level attention subspace information,  
transformer introduces the multi-head attention mechanism. The advantage of the latter is that it  
allows model to parallelize the modeling of elements in the sequence from multiple perspectives, and  
different attention heads can focus on different feature patterns of the input sequence, thus mining  
the contextual information in a more comprehensive way. The computational process can be repre-
sented as follows:

where j = 1, 2, …, h and j is the number of heads.
Feature attention mechanism
In multidimensional time series data, there are often important correlations and differences be-

tween multiple features. Traditional time series modelling approaches pay fixed attention to individual 
features, making it difficult to capture the important impact of key features on the forecasting task.  
In order to better portray these differences, this paper introduces the Feature Attention Mechanism  
(FAM), which aims to assign higher weights to important features to enhance the model’s ability to  
perceive critical information.

Suppose the input time series is denoted as X = [x1, x2, …, xT]. For any time-step t, the FAM first  
performs average pooling along the time dimension for all time-steps to capture the global feature  
performance. The computational expression for this process is:

;Q QQ XW b= + (5)

;K KK XW b= + (6)

,V VV XW b= + (7)

d

softmax ,
TQKA V

d
 

= ⋅ 
 

(8)

( )head Attention , , ;Q K V
j j j jQW KW VW= (9)

( ) ( )1MultiHead , , Concat head , , head ,H
hQ K V W=  (10)
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where                    is the global average representation of each feature over the whole time series. In  
this paper, we extract a total of 13 dimensional features, so F is 13. Then, the feature dimensions are  
compressed by nonlinear mapping and the intermediate feature Z is reconstructed using feedforward  
network to obtain the attention weight A. The computation process is as follows:

where W1 and W2 are the weight matrices, b1 and b2 are the bias terms, and σ is the Sigmoid activation  
function.

Finally, in order to be consistent with the dimension of the input vectors, the attention weights A  
are dimensionally extended and the attention weighting operation is performed with the original fea-
tures, and the output of the FAM is computed as follows:

where A' is the expanded attention weight, ⊙ is the elemental multiplication, and X' is the feature- 
weighted output.

Prediction process of rolling bearing RUL based on TFCA-GRU
Step 1: The vibration signal is collected by industrial equipment to obtain the original time series  

data.
Step 2: Based on the feature extraction methods in time and frequency domains, the vibration  

signals are analyzed and converted into multi-dimensional features to generate the time-frequency  
domain fusion feature matrix.

Step 3: The processed data set is divided into training set and test set, and the training set is input  
into the constructed TFCA-GRU network model for multiple iterations optimization, to gradually  
learn the deterioration law of the equipment and generate the final RUL prediction model.

Step 4: Input the test set into the trained model to complete the accurate prediction of the RUL  
of rolling bearings.

Experiments and results analysis

The model modelling and experimental tests in this paper are developed based on the PyTorch  
DL framework using Python version 3.11. The development environment is PyCharm 2023. The  
experimental hardware configuration is Intel Xeon(R) Platinum 8352 CPU and NVIDIA GeForce  
RTX 4090 GPU.

Dataset and data preprocessing
In this article, the IEEE PHM 2012 Prognostic Challenge dataset [15] and the XJTU-SY dataset  

[16] will be used for experimental testing. The working conditions of the dataset and the division of  
the dataset are shown in Table 1.

The IEEE PHM 2012 Prognostic Challenge dataset was collected from the PRONOSTIA plat-
form, which has been widely used in many equipment residual life prediction studies. The platform  
consists of a rotary drive system, radial loading device and measurement system, and is capable of  
simulating the degradation process of rolling bearings under real operating conditions. The vibration  
signals are collected at a sampling frequency of 25.6 kHz, and data segments of 0.1 second duration  
are recorded every 10 seconds, which is equivalent to 2560 sampling points per segment. When the  
amplitude of the monitored vibration exceeds 20 G, the experiment is judged as bearing failure and  
terminated. In this paper, the training set is used in strict accordance with the official classification  
scheme, and the rest of the bearing data is used as the test set.

B FX ×∈

( )1 1Re LU ;Z W X b= + (12)

( )2 2 ,A W Z b= σ + (13)

,X X A′ ′=  (14)
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Table  1
Running conditions and experimental setup for the dataset

Datasets Operating conditions Training dataset Test dataset

IEEE PHM 2012 
Prognostic Challenge

1800 rpm, 4 kN
Bearing1_1
Bearing1_2

Bearing1_3, Bearing1_4,
Bearing1_5, Bearing1_6,

Bearing1_7

1650 rpm, 4.2 kN
Bearing2_1
Bearing2_2

Bearing2_3, Bearing2_4,
Bearing2_5, Bearing2_6,

Bearing2_7

XJTU-SY

2100 rpm, 12 kN
Bearing1_1
Bearing1_2

Bearing1_3, Bearing1_4,
Bearing1_5

2250rpm, 11 kN
Bearing2_1
Bearing2_2

Bearing2_3, Bearing2_4,
Bearing2_5

The XJTU-SY dataset is based on a highly integrated bearing life test platform, which includes a  
motor system for controlling the rotational speed, a hydraulic control device for loading, and an array  
of multi-channel vibration sensors for real-time acquisition of vibration signals during operation.  
The platform supports flexible adjustment of radial load and rotational speed to simulate bearing  
degradation under different operating conditions. The data is collected at a sampling frequency of  
25.6 kHz, with complete samples taken every 1.28 seconds, each containing 32768 consecutive data  
points, providing high-resolution, long-period vibration sequences for subsequent failure modelling  
and remaining life prediction.

Furthermore, the 13 time-domain and frequency-domain features were extracted from the vibra-
tion signals of the dataset species. The time-domain features included kurtosis, mean, variance, skew-
ness, peak vibration, root-mean-square vibration, pulse factor, crest factor, and peak factor, while the  
frequency-domain features covered entropy, fractal dimension, energy ratio, and spectral flatness.

Assessment metrics and comparison algorithms
In the field of RUL prediction, the following three methods are commonly used to assess the predic- 

tion performance of the model [17, 18]:
1)  Root Mean Square Error (RMSE),
2)  Mean Absolute Error (MAE),
3)  scoring function (Score) and R-Square (R2) [19].
The three assessments are calculated as follows:

( )2

1

1RMSE ;
n

i i
i

y y
n =

= −∑ (15)
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i i
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where n is the number of samples, yi and        are the actual and predicted RUL values at the i-th mo- 
ment,      is the actual RUL mean, and N2 is the total number of test samples. Generally, lower values  
of RMSE and MAE indicate better performance of the model. The closer the value of R2 is to 1 indi-
cates higher prediction accuracy of the model.

In order to demonstrate the superiority of the proposed TFCA-GRU, five representative baseline  
RUL prediction methods are used in this paper to compare the RUL prediction effectiveness, as  
well as to compare the evaluation data with the current novel RUL prediction methods. The baseline  
methods include CNN, LSTM, CNN-LSTM, CNN-Transformer, and the novel methods include  
MSCNN [20], TCN-SA [21], DCTCN [22], DSCN [23].

Experiment 1: PHM 2012 dataset
The RUL prediction results of the proposed TFCA-GRU with the baseline model are illustrated in  

Fig. 2. Firstly, from the prediction curves, the proposed model can track the actual RUL degradation  
trend stably under all four operating conditions, and shows good dynamic response capability in both  
the initial and termination stages of degradation. In contrast, the baseline approach exhibits different  
degrees of drift and prediction lag under several scenarios, which is difficult to accurately reflect the  
system degradation evolution. In the box-and-line plot, TPCA-GRU shows the smallest median pre-
diction error and small distribution variance in all scenarios, and the fewest outliers, which reflects its  
advantages of prediction stability and robustness.

The evaluation data of the proposed TFCA-GRU with the novel models on the PHM 2012 dataset  
are shown in Table 2. From the overall trend, TFCA-GRU significantly outperforms the other four  
models in terms of MAE and RMSE metrics under all data scenarios, showing strong consistency  
and robustness. In addition, a side-by-side comparison between the models shows that although the  
SCTCN, DSCN and TCN-SA models perform the best MAE and RMSE metrics in multiple scena- 
rios, they exhibit unstable prediction and large error fluctuations in cross-case conditions.
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Fig. 2. Comparison of the prediction results for the four working conditions in the PHM 2012 dataset
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Fig. 3. Comparison of the prediction results of the four operating conditions on XJTU-SY dataset

Table  2
Performance comparison on PHM 2012 dataset

MSCNN TCN-SA SCTCN DSCN TFCA-GRU

MAE RMSE MAE RMSE MAE RMSE MAE RMSE MAE RMSE

1–3 0.078 0.096 0.066 0.085 0.098 0.121 0.071 0.085 0.035 0.041

1–4 0.015 0.180 0.103 0.139 0.130 0.149 0.084 0.108 0.037 0.045

1–5 0.089 0.151 0.086 0.126 0.163 0.222 0.087 0.146 0.051 0.040

1–6 0.105 0.149 0.084 0.116 0.178 0.221 0.084 0.112 0.030 0.042

1–7 0.106 0.147 0.089 0.125 0.084 0.109 0.089 0.121 0.044 0.057

2–3 0.269 0.325 0.191 0.232 0.110 0.216 0.191 0.238 0.024 0.042

2–4 0.185 0.226 0.091 0.129 0.117 0.145 0.257 0.298 0.021 0.030

2–5 0.137 0.176 0.192 0.222 0.189 0.221 0.131 0.171 0.034 0.074

2–6 0.103 0.126 0.08 0.098 0.092 0.115 0.101 0.130 0.031 0.047

2–7 0.241 0.351 0.196 0.230 0.167 0.195 0.216 0.255 0.019 0.022

Experiment 2: XJTU-SY dataset
The RUL prediction result plots of the proposed TFCA-GRU with the baseline model are illus-

trated in Fig. 3. From the time-series prediction curves, traditional deep models such as CNN and  
LSTM have obvious lagging or advancing phenomena, especially in the early and late stages of deg-
radation, with the largest prediction deviation. The proposed model is able to closely track the degra-
dation trend of the real RUL decreasing over time, especially in Bearing1_3 and Bearing2_5, where  
its prediction curves almost overlap with the real curves, indicating its strong ability to capture the  
degradation features. As seen from the boxplots, the proposed model shows the smallest median error,  
narrower error intervals, and very few outliers in all four subplots, which indicates that its predictions  
are not only accurate but also stable.
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The evaluation data of the proposed TFCA-GRU and the new model on the XJTU-SY dataset are  
presented in Table 3. It can be seen that the MAE and RMSE values of TFCA-GRU are significantly  
better than the other models in both working conditions. Compared with the other models, TCN-SA  
and DSCN, although better in some indicators, are difficult to maintain a stable advantage under  
multiple operating conditions.

Table  3
Performance comparison on XJTU-SY dataset

MSCNN TCN-SA SCTCN DSCN TFCA-GRU

MAE RMSE MAE RMSE MAE RMSE MAE RMSE MAE RMSE

1–3 0.227 0.262 0.120 0.139 0.114 0.133 0.092 0.104 0.083 0.110

2–3 0.086 0.104 0.092 0.118 0.160 0.191 0.094 0.118 0.063 0.086

Ablation experiment
The ablation models are set up as GRU, TA-GRU with the introduction of temporal attention,  

FA-GRU with the introduction of feature attention, and TFCA-GRU.
The prediction curves of the ablation model in XJTU-SY Bearing2_5 are illustrated in Fig. 4. It  

can be seen that the prediction curve of TFCA-GRU basically coincides with the real RUL, which  
fully demonstrates the effectiveness of the joint time-feature modelling. Compared with other models,  
TFCA-GRU is able to extract the key dependencies in the degraded signals more comprehensively,  
thus achieving higher accuracy and more robust life prediction.

The comparison of the comprehensive evaluation of the models is demonstrated in Table 4. GRU  
performs relatively poorly on all metrics, showing its limited predictive performance when no at-
tention mechanism is introduced. In contrast, TFCA-GRU has the best overall performance on all  
metrics. Therefore, this justifies TFCA-GRU.

Table  4
Performance comparison of ablation models

Ablation models R2 RMSE MAE Score

GRU 0.954 0.058 0.148 1.404

TA-GRU 0.987 0.037 0.033 0.885

FA-GRU 0.971 0.046 0.037 1.109

TFCA-GRU 0.991 0.031 0.026 0.779

Model interpretability analysis
First, we compare and analyze the effect of its temporal attention on the model’s time-awareness  

ability, and Fig. 5 demonstrates the heat map of attention in the temporal dimension. TFCA-GRU  
presents obvious non-uniformity, and the model is able to dynamically distribute the degree of atten-
tion at different time steps, which significantly enhances the ability of identifying the key degradation  
phases; whereas the GRU model has a more uniform distribution of attention, and lacks the ability of  
efficiently capturing the important timing information is effectively captured.

Meanwhile, Fig. 6 demonstrates the distribution of the model’s attentional weights on feature  
dimensions. GRU has a relatively even distribution of weights across feature dimensions, and the  
model lacks differentiation of the importance of input features. TFCA-GRU attentional distributions  
show significant differences, with some feature dimensions (e.g., indexes 0, 10, etc.) obtaining higher  
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Fig. 4. Comparison of predictions from ablation models

Fig. 5. Heat map of temporal attention

Fig. 6. Distribution of feature attention weights
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weights, suggesting that the model is capable of adaptively identifying and reinforcing the features that  
are most relevant to the trend of degradation.

In this study, we proposed TFCA-GRU, a temporal and feature cooperative attention-based gated  
recurrent unit framework for the prediction of the rolling bearings RUL under variable operating con-
ditions. The model addresses two core challenges in industrial prognostics: the difficulty of capturing  
long-term temporal dependencies and the inability of conventional models to distinguish between  
informative and irrelevant sensor features.

Conclusions and further work

By incorporating MTAM and FAM into the GRU architecture, TFCA-GRU is capable of dynam-
ically focusing on degradation-critical time steps and sensor dimensions. This joint attention design  
enhances the model’s ability to learn representative patterns from multidimensional time-frequency  
fusion data while preserving computational efficiency. Unlike traditional GRU-based or hybrid deep  
models that rely heavily on handcrafted preprocessing or suffer from scalability issues, TFCA-GRU  
offers a unified and interpretable solution.

Comprehensive experiments on two public datasets – IEEE PHM 2012 Prognostic Challenge and  
XJTU-SY – demonstrated that TFCA-GRU consistently outperforms baseline and state-of-the-art  
models in terms of prediction accuracy, robustness, and generalization across working conditions. Ab-
lation studies confirmed the effectiveness of each attention component, and visualization of attention  
distributions further illustrated the model’s capacity to highlight key temporal intervals and dominant  
features, thereby improving transparency and trustworthiness in critical applications.

Overall, TFCA-GRU provides a practical and extensible framework for data-driven RUL predic-
tion under complex and non-stationary degradation scenarios. Future research will focus on further  
reducing the model’s computational overhead, exploring domain adaptation techniques to improve  
cross-machine transferability, and extending the framework to other types of mechanical components  
and multi-sensor fusion settings.
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estimator relies on the Euclidean distance for kernel weighting, a metric that fails to account for  
heterogeneous scales and correlations among covariates. This limitation can result in suboptimal  
weighting when features exhibit multicollinearity or varying measurement units. To address this,  
we propose the M-Beran estimator, a generalized formulation that incorporates the Mahalanobis  
distance into the kernel smoothing scheme. This modification ensures scale invariance and  
leverages the underlying correlation structure of the feature space, transforming the kernel into  
an elliptically symmetric form. We evaluate the proposed method through numerical experiments  
on real-world survival datasets. Results demonstrate that the M-Beran estimator outperforms the  
conventional Euclidean-distance-based Beran estimator, offering improved predictive accuracy.
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Аннотация. Анализ выживаемости имеет решающее значение для моделирования дан-
ных о времени до наступления события в медицине, инженерии и экономике. Оценка  
Берана служит эффективным непараметрическим инструментом для оценки условных  
функций выживаемости при цензурированных данных. Однако стандартная оценка Бе-
рана основана на евклидовом расстоянии для взвешивания ядер – метрике, которая не  
учитывает различие в масштабах признаков и корреляции между ними. Эти ограничения  
могут привести к неоптимальному взвешиванию, когда признаки демонстрируют муль-
тиколлинеарность или различные единицы измерения. Для решения этой проблемы мы  
предлагаем оценку М-Берана – обобщенную формулировку, которая включает рассто-
яние Махаланобиса в схему сглаживания ядер. Эта модификация обеспечивает инвари-
антность к масштабу данных и использует лежащую в основе корреляционную струк-
туру пространства признаков, преобразуя ядро в эллиптически симметричную форму.  
Мы оцениваем предложенный метод с помощью численных экспериментов на реальных  
наборах данных времен до событий. Результаты показывают, что оценка М-Берана пре-
восходит традиционную оценку Берана на основе евклидова расстояния, обеспечивая  
более высокую точность предсказаний.
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Introduction

Survival analysis, the statistical study of time-to-event data, is essential across diverse fields [1–4].  
It guides clinical trials and disease modeling in medicine, predicts system failure in engineering, and 
assesses churn or turnover in economics, social sciences, and marketing. Characterized by censoring,  
where events may be unobserved, this data complexity motivates the continued development of robust  
estimation methods. Among the most fundamental tools for flexible survival analysis is the Beran esti-
mator [5]. Given a set of censored survival times and a vector of covariates, the Beran estimator pro-
vides a nonparametric estimate of the conditional survival function (SF) by applying kernel smoothing  
directly to the observed events and censoring processes. Its appeal lies in its ability to model complex,  
nonlinear relationships without imposing restrictive parametric assumptions such as proportional haz-
ards [6], making it particularly valuable in applications where the underlying mechanisms are poorly  

https://orcid.org/0000-0002-5637-1420
https://orcid.org/0000-0002-1542-6480
https://orcid.org/0000-0003-2275-1473
https://orcid.org/0000-0001-8749-9470


Intelligent Systems and Technologies, Artificial Intelligence

33

understood or where standard models fail. The estimator’s formulation relies on a kernel function that  
assigns weights to neighboring observations based on their proximity in the feature space, typically em-
ploying the Euclidean distance.

Despite its flexibility, the conventional Beran estimator inherits a fundamental limitation from its re-
liance on the Euclidean metric. In practical applications, covariate vectors often exhibit heterogeneous  
scales, complex correlations, and multicollinearity – features that the Euclidean distance is ill-equipped  
to handle. Consider, for instance, a clinical study of cancer survival where covariates include tumor  
size (measured in millimeters), patient age (in years), and multiple correlated biomarkers; in engineer-
ing reliability, correlated sensor measurements from a monitoring system. In each case, the Euclidean  
metric treats each covariate dimension independently and equally. Moreover, it ignores the underlying  
correlation structure of the covariate distribution, which can lead to suboptimal weighting: two patients  
who appear similar in Euclidean terms may, in fact, be statistically dissimilar if they deviate from the  
dominant correlation patterns of the biomarker panel, potentially compromising the accuracy of survi- 
val predictions that inform critical clinical decisions.

A solution to these challenges lies in replacing the Euclidean distance with the Mahalanobis dis-
tance [7].

The Mahalanobis distance offers several advantages that are directly relevant to real-world survival  
analysis applications. First, it is scale-invariant, automatically accounting for differences in measure-
ment units, whether tumor size in millimeters, gene expression on a log scale, or sensor voltages in  
engineering systems, and eliminating the need for separate bandwidths per covariate. Second, and more  
importantly, it incorporates the correlation structure of the data, so that distances are measured in terms  
of statistical fluctuations rather than raw coordinate differences. Observations that lie along directions  
of high variance are considered closer, while those that deviate against the correlation structure are  
appropriately penalized. This property is valuable in applications with redundant or highly correlated  
predictors, such as the analysis of multiple clinical biomarkers, correlated survey responses in social  
science event history studies, or multi-sensor reliability data.

In the context of kernel-based nonparametric estimation, substituting the Euclidean distance with  
the Mahalanobis distance transforms the kernel from a product of independent univariate kernels into  
a single, elliptically symmetric kernel defined on the standardized and decorrelated feature space. This  
simple modification carries profound implications for applied survival analysis. It can help to maximize  
the predictive performance of the Beran estimator, such as by maximizing the conditional likelihood of  
the observed survival times. While the original Beran estimator and its theoretical properties have been  
extensively studied [5, 8, 9], the systematic incorporation of the Mahalanobis distance into its kernel  
structure remains relatively underexplored.

The Mahalanobis distance attracts attention in tasks of survival analysis. For example, a nonparamet-
ric weighting approach was proposed in [10], which balances the covariates between treatment groups by  
Kernel Mean Matching (KMM) with the Mahalanobis distance kernels. A linear-mixed effects mod-
el and the Cox model for survival time are considered in [11, 12], where the Mahalanobis distance is  
used to detect outliers in survival data. In [13], a Moving Multivariate Distance (MMD), based on the  
Mahalanobis distance, was proposed to quantify the variability of the multivariate biomarker profile as  
a whole from one visit to the next. In [14], flexible machine learning models were evaluated, capable  
of incorporating interactions and nonlinear effects from high-dimensional data using the Mahalanobis  
distance to estimate individualized treatment recommendations in trials with time-to-event outcomes.  
In [15], a method was proposed to match each untreated patient with the nearest treated patient based  
on the Mahalanobis distance between patient characteristics.

Techniques based on the Mahalanobis distance and applied in different fields of chemometrics such  
as in multivariate calibration, pattern recognition and process control are explained and discussed in  
[16]. The most important application of the Mahalanobis distance is related to out-of-distribution  
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detection and outlier detection [17–20]. Application of the Mahalanobis distance to a k-means clus-
tering algorithm was studied in [21]. In [22], it is proposed using a Mahalanobis distance metric for  
computing the attention weights to stretch the underlying feature space in directions of high contextual  
relevance.

However, to the best of our knowledge, at the moment, no approach is known that incorporates the  
Mahalanobis distance to the Beran estimator. Therefore, following [22], we propose a generalized Beran  
estimator that incorporates the Mahalanobis distance into its kernel weighting scheme. We called the  
proposed model as the M-Beran estimator. Through real data, it is shown that the M-Beran estimator  
outperforms the conventional Beran estimator, using the Euclidean distance.

Background

The Mahalanobis Distance
The Mahalanobis distance is a measure of distance that accounts for the scale and correlation struc-

ture of multivariate data [7]. Unlike the Euclidean distance, which treats all dimensions independently,  
the Mahalanobis distance provides a metric that is invariant to affine transformations of the covariate  

space. Let                                be a p-dimensional random vector with mean vector                      and posi-
tive-definite covariance matrix

For two vectors x, y ∈ ℝp, the squared Mahalanobis distance is defined as

When comparing an observation x to the population mean μ, the squared Mahalanobis distance  
simplifies to

The Mahalanobis distance possesses several properties that make it particularly attractive for statis-
tical applications. In practice, the population parameters μ and M are unknown and can be estimated  
from data.

Concepts of Survival Analysis
Unlike standard regression settings, survival data are characterized by the presence of censoring,  

which occurs when the event of interest is not observed for some subjects during the study period [23].  
Let T ≥ 0 denote a non-negative random variable representing the survival time, the time until the oc-
currence of the event of interest. The SF S(t) is defined as the probability that an individual survives  
beyond time t: S(t) = ℙ(T > t). Due to censoring, the exact survival time may not be observed for a part  
of individuals. The most common form is right censoring, where the study ends before the event oc-
curs or the individual is lost to follow-up. Let C denote the censoring time, and define the observed  
time Y = min(T, C) and the censoring indicator                            where δ = 1 indicates that the event  
was observed and δ = 0 indicates censoring.

When no covariates are present, the SF S(t) is nonparametrically estimated by the Kaplan-Meier 
estimator [24]:

( )1, ,
T

px x= X [ ]=  Xµ

( ) ( )( )Cov .T = = − − M X X Xµ µ

( ) ( ) ( )2 1, .T
Md −= − −x y x y M x y

( ) ( ) ( )2 1, .T
Md −= − −x x M xµ µ µ

( ) ,T Cδ = ≤

( )
( )

KM
:

ˆ 1 ,j

j t tj j

d
S t

r≤

 
= −  

 
∏



Intelligent Systems and Technologies, Artificial Intelligence

35

where dj is the number of events at time t
(j); rj is the number of individuals at risk just before time t

(j),  
i.e., the number of individuals with Y > t

(j).
In most applications, interest lies not in the marginal survival distribution but in how survival de-

pends on covariates x ∈ ℝp. The conditional SF is defined as

Parametric approaches assume a specific functional form for S(t | x), most notably the Cox propor-
tional hazards model [6]. While the Cox model is widely used due to its interpretability and computa-
tional convenience, its proportional hazards assumption may be violated in practice. Nonparametric al-
ternatives, such as the Beran estimator, offer greater flexibility by avoiding such parametric restrictions.

The Beran Estimator
The Beran estimator [5], also known as the conditional Kaplan-Meier estimator, provides a non-

parametric estimate of the conditional SF S(t | x) using kernel smoothing. It extends the Kaplan-Meier 
estimator to incorporate feature information by weighting observations according to their proximity in 
the feature space.

If our goal is to estimate SF S(t | x0) for a feature vector x0, then observations with feature values  
close to x0 should receive greater weights than those far away, as they provide more relevant informa-
tion about the conditional distribution. The Beran estimator allows us to extend the Kaplan-Meier  
estimator for accounting this idea.

Let (xi, δi, ti), i = 1, …, n, be instances from the dataset, where ti = min (Ti, Ci) and                              
We assume that t1 < t2 <…< tn is an ordered sequence of times. Define a kernel function Kτ: ℝ

p → ℝ+  
with bandwidth parameter τ > 0 of the kernel. The kernel assigns higher weights to observations with  

xi close to a target feature vector x. The Beran estimator of the conditional SF                  is defined as:

where the weight α(x, xi, τ) can be defined through kernels as

In particular, the “softmax” operation with a parameter τ is obtained when the Gaussian kernel is  
used, i.e., there holds

The practical performance of the Beran estimator critically depends on the choice of bandwidth τ.  
Cross-validation methods are commonly employed to optimize the model parameter τ.

While the Beran estimator with product kernel is widely used, its reliance on the Euclidean metric  
imposes several limitations. First, it assumes that the influence of each feature is separable and that fea-
tures are independent in the distance calculation. As a results, the Euclidean metric ignores correlations  
among features, which can lead to suboptimal weighting in the presence of multicollinearity. Second,  
it is sensitive to differences in scale: features with larger magnitudes dominate the kernel weights unless  
carefully standardized. These limitations motivate the extension to the M-Beran estimator.
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The M-Beran Estimator

The methodological core of our work is the incorporation of the Mahalanobis distance into the ker-
nel weighting scheme of the Beran estimator. It is proposed to replace the Euclidean distance in the  
kernel functions of the Beran estimator with the Mahalanobis distance.

Let M be a positive-definite covariance matrix and τ > 0 the bandwidth parameter. The M-Beran 
estimator of the conditional SF S(t | x) is:

where αM(x, xj, τ) is a weight determined by the Mahalanobis distance from the target feature vector x  
to each observation’s feature vector and determined for the Gaussian kernel as

Given a sample x1, …, xn, we first estimate the mean vector of features        

Second, the sample covariance matrix M is estimated using the mean vector as:

In high-dimensional settings where p > n,        becomes singular, requiring regularization techniques.  
The next step is to compute the matrix M–1 by inverting the matrix        The matrix        in high-dimen- 
sional settings where p > n, may be not invertible. In this case, regularization can be used as follows:

were where ε is a small positive number, and I is the identity matrix.
Then we compute the Mahalanobis distance as:

The M-Beran estimator operates as follows: at each distinct event time tj, we compute a kernel- 
weighted proportion of events, where the weights are determined by the Mahalanobis distance. Obser-
vations with xi close to x in the Mahalanobis sense receive higher weight. The product of one minus  
these weighted proportions over all failure times up to t yields the estimated conditional survival  
probability.

The Mahalanobis distance generalizes the Euclidean distance, namely, if M is a diagonal matrix  

                                         i.e., its diagonal consists of variances of individual features                               

                 and other elements are zero, then the Mahalanobis distance is equal to the standardized Eu-
clidean distance.
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Numerical results

To compare the M-Beran estimator with the standard Beran estimator, which uses the Euclidean  
distance in kernels, the following real benchmark datasets were used:

•  Veterans’ Administration Lung Cancer Study (Veteran) Dataset: 137 observations, 6 features;
•  Breast Cancer Dataset: 198 observations, 80 features;
•  Lung Cancer Dataset: 228 observations, 9 features;
•  German Breast Cancer Study Group 2 (GBSG2) Dataset: 686 observations, 8 features;
•  Monoclonal Gammopathy (MGUS) Dataset: 1384 observations, 5 features;
•  Diabetic Retinopathy Dataset: 394 observations, 9 features;
•  Ovarian Cancer Survival Data (Ovarien): 26 observations, 4 features.
•  Chronic Granulomatous Disease (CGD) Dataset: 203 observations, 16 features.
In order to optimize the model temperature parameters τ of the estimators, we perform a 5-fold  

cross-validation on the training set. The cross-validation is performed with 100 repetitions. This proce-
dure is realized by considering all possible values of τ in a predefined grid. The models are implemented  
by using the R software with the main R package “survival”.

Table 1 presents a comparative analysis of the Mahalanobis-based Beran estimator (M-Beran) ver-
sus the standard Beran estimator across eight real survival datasets, using the C-index as the evaluation  
metric. The M-Beran estimator outperforms the standard Beran estimator on six out of eight datasets,  
demonstrating the general effectiveness of incorporating Mahalanobis distance into kernel-based sur-
vival estimation. The M-Beran achieves its highest C-index on the datasets which likely contain mean-
ingful correlation structures among features that the Mahalanobis distance effectively captures. We can  
also note that the dataset Breast Cancer with the worse C-index of the M-Beran estimator has the large  
number of features (80 features) in comparison with other datasets, which may affect the estimation of  
the covariance matrix. The results indicate that the Mahalanobis distance is a valuable enhancement  
to the Beran estimator. The negative result on the Breast Cancer dataset serves as an important caveat,  
highlighting that the method is not universally superior and that the choice of distance metric should  
be guided by the underlying data structure.

Table  1
Results of comparison using the C-index metric for the M-Beran estimator  

with the standard Beran estimator on real datasets

Dataset Standard Beran M-Beran Difference

Veteran 0.706 0.713 0.007

Breast Cancer 0.517 0.463 –0.054

GBSG2 0.513 0.523 0.01

Retinopathy 0.582 0.588 0.006

MGUS 0.724 0.742 0.018

Lung Cancer 0.646 0.668 0.022

Ovarien 0.774 0.798 0.024

CGD 0.583 0.724 0.141

In order to illustrate the difference in SFs predicted by the standard Beran estimator and the M-Be-
ran estimator for the Veteran dataset, we show the corresponding SFs in Fig. 1, where SFs of the stand-
ard Beran estimator are depicted by solid lines, SFs of the M-Beran estimator are depicted by dashed  
lines. The left graph corresponds to the patients with: Karnofsky score – 90, Cell type – Squamous,  
Age – 55, Treatment – Standard, Prior therapy – No. The right graph corresponds to the patients with:  
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Karnofsky score – 40, Cell type – Adenocarcinoma, Age – 70, Treatment – Test, Prior therapy – Yes. It  
can be seen from Fig. 1 that the M-Beran estimator corrects SFs in accordance with the patient features.

Similar SFs of two patients from the Lung Cancer dataset are shown in Fig. 2. The left graph details  
a 55-year-old female with favorable health metrics, where the M-Beran estimator predicts a medi-
an survival of 588 days, nearly double the standard Beran model’s 292 days. In this first scenario, the  
blue dashed line stays consistently higher than the orange line, indicating a superior predicted survival  
probability for the M-Beran approach. The right plot shows a 75-year-old male with poorer health in-
dicators, where the M-Beran estimator again forecasts a longer median survival of 740 days compared  
to the standard model’s 511 days. While the overall SF drops more rapidly for the second patient, the  
M-Beran estimator consistently estimates better outcomes than the standard Beran estimator in both  
distinct cases.

Fig. 3 illustrates the relationship between instances in the Veteran (the left graph) and Lung Cancer  
(the right graph) datasets by using the well-known procedure of the dimensionality reduction called  
t-SNE [25].

One can see from Fig. 3 that instances in the both datasets are highly correlated. This implies that  
the M-Beran estimator provides better results than the standard Beran estimator. The same can be seen  
from Table 1.

Fig. 4 shows the same relationship between instances in the Breast Cancer dataset. As a result, the  
standard Beran estimator outperforms the M-Beran estimator as it is also follows from Table 1.

Fig. 1. SFs predicted by the standard Beran estimator and the M-Beran estimator  
for two patients from the Veteran dataset

Fig. 2. SFs predicted by the standard Beran estimator and the M-Beran estimator  
for two patients from the Lung Cancer dataset
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It is interesting to note that the M-Beran estimator performance depends also on the kernel type. For  
example, let us consider the triangular kernel defined as follows:

Hence, the weight α in the M-Beran estimator is

The use of this kernel significantly improves the M-Beran estimator performance for the Veteran  
dataset. The C-indices in this case for the standard Beran and M-Beran estimators are 0.582 and 0.724,  
respectively. At the same time, results for the Lung Cancer dataset (0.525 and 0.497) demonstrate de-
terioration in accuracy characteristics. This implies that the performance of the M-Beran estimator  
depends on many parameters, including the kernel type.

Discussion

Advantages
In the context of survival analysis, particularly when using nonparametric methods like the Beran  

estimator, the choice of distance metric is critical because it dictates how “similarity” between patients  

Fig. 3. T-SNE representation of the Veteran and Lung cancer datasets

Fig. 4. T-SNE representation of the Breast Cancer dataset
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or systems is defined. The Mahalanobis distance is important in survival analysis for the following key  
reasons:

1.  Survival datasets often contain features measured in vastly different units (e.g., age in years, tumor  
size in millimeters, gene expression on a log scale, or sensor voltage). The Euclidean distance is sensi-
tive to the scale of measurement. A variable with a large range will dominate the distance calculation  
over a variable with a small range, even if the latter is more predictive of survival. By incorporating the  
covariance matrix, it automatically standardizes the variables, ensuring that each covariate contributes  
appropriately to the distance metric regardless of its original unit or magnitude. This eliminates the need  
for arbitrary manual standardization or tuning separate bandwidths for each covariate.

2.  In many survival applications (e.g., genomics, multi-sensor engineering monitoring), covariates  
are highly correlated. The Euclidean distance assumes orthogonality between dimensions. When two  
biomarkers are closely related, Euclidean distance counts the same information twice, making the sim-
ilarity calculation inaccurate. The Mahalanobis distance accounts for the correlation structure of the  
data. It measures distance in terms of standard deviations from the mean, penalizing deviations that go  
against the natural correlation pattern of the data. This ensures that redundant information does not  
artificially inflate the similarity between observations.

3.  Nonparametric survival estimators like the Beran estimator rely on kernel smoothing, where ob-
servations closer to the target vector x receive higher weights. Using Euclidean distance creates “spher-
ical neighborhoods”. In a correlated feature space, a spherical neighborhood may include observations  
that are statistically dissimilar while excluding those that are relevant but lie along a correlated axis.  
The Mahalanobis distance creates “elliptically symmetric neighborhoods” aligned with the data density.  
This ensures that the kernel weights are assigned to observations that are truly statistically similar, lea- 
ding to a more accurate estimation of the conditional SF S(t | X = x).

4.  Survival data is characterized by censoring, meaning information about the event time is missing  
for some subjects. This makes the effective sample size smaller and the estimation problem harder. Be-
cause censored data provides less information, it is crucial to maximize the utility of every uncensored  
neighbor. A superior distance metric ensures that the few available relevant neighbors are identified  
correctly. By reducing bias in neighbor selection, the Mahalanobis distance helps produce more stable  
survival curves even when data is sparse due to heavy censoring.

Challenges and disadvantages
While the Mahalanobis distance offers significant advantages over the Euclidean distance in handling  

scale and correlation, it also introduces specific challenges and disadvantages in the context of survival  
analysis:

1.  The Mahalanobis distance requires the inversion of the covariance matrix M–1. In modern surviv-
al analysis, the number of features p often may exceed the number of observations n. When p > n, the  
covariance matrix is singular and cannot be inverted. Even when p < n, if features are nearly collinear,  
the matrix becomes ill-conditioned, leading to numerical instability and unreliable distance calcula-
tions. This requires regularization techniques which introduce additional tuning parameters.

2.  The Mahalanobis distance relies on the sample mean and sample covariance matrix, both of  
which are highly sensitive to outliers. In survival data, extreme values can disproportionately skew the  
covariance estimate. This “masking effect” can cause the distance metric to shrink around the outliers,  
making actual outliers appear normal and distorting the kernel weights for the majority of observations.  
Robust estimators are required but are computationally more expensive.

3.  The Mahalanobis distance typically uses a global covariance matrix estimated from the entire  
dataset. Survival relationships are often local; the correlation structure between features might differ  
across subgroups (e.g., the relationship between age and biomarkers might differ for early-stage versus  
late-stage disease). A global metric assumes the correlation structure is constant everywhere, which may  
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not align with the local nature of kernel-based estimators like the Beran estimator. A local covariance  
would be more appropriate but is difficult to estimate reliably due to data sparsity.

4.  Computing the inverse covariance matrix has a computational complexity not less than O(p2),  
where p is the number of features. For datasets with a large number of features, this calculation becomes  
burdensome, especially if the distance needs to be recomputed repeatedly (e.g., during cross-valida-
tion). This is less of an issue with the Euclidean distance, which requires no matrix inversion.

5.  Euclidean distance corresponds to intuitive geometric space (e.g., “5 years difference in age”).  
Mahalanobis distance measures distance in terms of standard deviations within a multivariate distri-
bution. It is harder for clinicians or engineers to interpret what a specific Mahalanobis distance value  
means in practical terms. Explaining why two patients are “distant” requires explaining the underlying  
correlation structure, which can be a barrier to adoption in applied settings.

In sum, the Mahalanobis distance introduces computational burdens, instability in high dimensions,  
and sensitivity to outliers. In survival analysis, these limitations often require additional methodological  
steps, such as regularization, robust covariance estimation, or dimensionality reduction, to ensure the  
metric remains reliable.
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Abstract. A frequency-selective device has been developed in the form of a rejector active  
filter based on transconductance amplifiers and capacitors in the 180 nm CMOS technology  
of Mikron JSC. The layout dimensions are 62 x 26 µm. Post-layout simulation results are as  
follows: rejection frequency is 312.5 MHz; passband gain is 1.44 dB; rejection is 23.1 dB; power  
consumption is 4.8 mW; total harmonic distortion is 0.07%. A comparison with the results from  
other studies is performed. The device can be applied in optical communication systems.
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ЧАСТОТНО-ИЗБИРАТЕЛЬНОЕ УСТРОЙСТВО 
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Аннотация. Разработано частотно-избирательное устройство в виде режекторно-
го активного фильтра на основе транскондуктивных усилителей и конденсаторов в  
КМОП-технологии АО «Микрон» 180 нм. Размеры топологии 62 x 26 мкм. Результаты  
моделирования по топологии следующие: частота режекции 312,5 МГц; усиление в по-
лосе пропускания 1,44 дБ; подавление 23,1 дБ; потребляемая мощность 4,8 мВт; коэф-
фициент гармоник 0,07%. Проведено сравнение с результатами других работ. Устройство  
может быть применено в системах оптических коммуникаций.

Ключевые слова: КМОП, частотно-избирательное устройство, режектор, активный 
фильтр, транскондуктивный усилитель, элементная имитация
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средств Министерства науки и высшего образования Российской Федерации в рамках  
федерального проекта «Подготовка кадров и научного фундамента для электронной про-
мышленности» по государственному заданию «Разработка методики прототипирования  
электронной компонентной базы на отечественных микроэлектронных производствах на  
основе сервиса MPW».
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Introduction

Continuous-time Gm-C active filters based on transconductance amplifiers and capacitors rep-
resent frequency-selective circuits and are applied for high-frequency devices [1–7]. For the imple-
mentation of the Gm-C active filters, CMOS technology is usually used. In this paper, realization of  
a frequency-selective circuit as a rejector Gm-C active filter is discussed in the Mikron JSC 180 nm  
CMOS technology.

Transconductance amplifier circuit

The transconductance amplifier circuit is shown in Fig. 1. The transconductance amplifier is a  
voltage-controlled current source. It consists of an input stage [8] and a common-mode stabilization  
circuit. The input stage is based on two-finger MOSFETs M1–M6 and the common-mode circuit  
is realized by single-finger MOSFETs M7–M12. Inputs of the transconductance amplifier circuit  
are labeled “inp” – non-inverted and “inm” – inverted one. Outputs are “outp” – non-inverted  
and “outm” – inverted one. The common mode signal is “bias”. The transconductance amplifier  
circuit in the Gm-C active filter should have a tuning range to compensate temperature and CMOS  
technology variations in the production of the integrated circuit dies. The tuning capability of the  
transconductance amplifier circuit is provided by varying the voltage in the node “tune”. When using  
multiple transconductance amplifiers in an element imitator, the “com2” nodes of these amplifiers  
are connected together.

https://orcid.org/0000-0003-3813-6846
https://orcid.org/0000-0003-3403-0120


Устройства и системы передачи, приема и обработки сигналов

46

The transconductance amplifier circuit is implemented in the Mikron JSC 180 nm CMOS tech-
nology with a supply voltage of 3.3 V. Usage of a linear dropout regulator is implied with an output  
voltage of 2.8 V, which is indicated as “vdda!”. The channel dimensions of each MOSFET “w” and  
“l” are shown in Fig. 1. The transconductance of the amplifier circuit is near Gm = 242 uA/V at the  
nominal voltage value in the node “tune” equal to 1.4 V. The current consumption of the transcon-
ductance amplifier circuit is 230 uA.

Rejector Gm-C active filter

The second-order passive prototype of the rejector filter was used to implement the Gm-C active  
filter. The passive prototype is a balanced circuit, which is shown in Fig. 2 with a testbench and con-
sists of input resistances R1 and R2, parallel oscillatory circuits L1C1 and L2C2, and a load output  
resistance R3. Inputs of the passive prototype are labeled “inp_RF” – non-inverted and “inm_RF” –  
inverted one. Outputs are “outp_RF” – non-inverted and “outm_RF” – inverted one. The common  
voltage, designated as “vcm”, is a half of the voltage in the node “vdda!”, i.e., 1.4 V. The rejection  
frequency is set as F0 = 312.5 MHz. The element values are shown in fig. 2 and are as follows: R1 =  

= R2 = 1/(2Gm), R3 = 1/Gm, C1/L1 = C2/L2 = Gm
2 and                                                                    As  

the results of the AC-analysis, the amplitude and phase response of the passive prototype circuit are  
shown in Fig. 3. As can be seen, the passband attenuation of the passive prototype circuit is 6 dB.

The circuit of the rejector Gm-C active filter is shown in Fig. 4, a. It consists of seven transcon-
ductance amplifiers I1–I7 and four capacitors C1–C4. The input resistances R1 and R2 of the passive  
prototype circuit (Fig. 2) are implemented using transconductance amplifiers I1 and I2. The transcon-
ductance of the amplifier I1 is twice as much as Gm, which is indicated in Fig. 4, a as “2*Gm”, there-
fore, it is necessary to use channel widths “w” of all MOSFETs in the circuit of the amplifier I1 twice  
as much as in the circuit shown in Fig. 1. This increase in the transconductance of the amplifier I1  
allows decreasing the input resistances and reducing the passband attenuation of the rejector Gm-C  
active filter.

The inductors L1 and L2 of the passive prototype circuit (Fig. 2) are implemented using two  
transconductance amplifiers and a capacitor for each inductor. Therefore, in Fig. 4, a transconduct-
ance amplifiers I3, I4 and the capacitor C3 are used as the inductor imitator of L1, while transcon-
ductance amplifiers I5, I6 and the capacitor C4 are used as the inductor imitator of L2. Considering  
C3 = L1Gm

2 and C4 = L2Gm
2, at C1/L1 = C2/L2 = Gm

2 all capacitors have the same capacitance, i.e.,  
C1 = C2 = C3 = C4 =123 fF.

The load output resistance R3 of the passive prototype circuit (Fig. 2) is implemented using the  
transconductance amplifier I7 in Fig. 4, a. The transconductance of the amplifier I7 is half as much as  

Fig. 1. Transconductance amplifier circuit

0 1/ (2 L1C1) 1/ (2 L2C2).F = π = π
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Fig. 2. Testbench with the second-order passive prototype of the rejector filter

Fig. 3. Amplitude and phase response of the passive prototype circuit

Gm, which is indicated in fig. 4a as “Gm/2”, therefore, it is necessary to use single-finger MOSFETs  
M1–M6 in the input stage of the amplifier I7 in comparison with the circuit shown in Fig. 1. This  
decrease in the transconductance of the amplifier I7 allows increasing the load output resistance and  
reducing passband attenuation of the rejector Gm-C active filter.

The layout of the rejector Gm-C active filter is shown in Fig. 4, b. Sizes of the layout are 62 x 26 µm.  
As the results of the AC-analysis, the amplitude and phase response of the post-layout simulation are  
shown in Fig. 5. As can be seen, the passband gain of the circuit after extraction is 1.44 dB.

The amplitude response shown in Fig. 5 has been acquired at the “typ” corner, i.e., nominal values  
of MOSFETs and capacitors, with the tuning voltage Vtune = 1.4 V. In the case of the “slow3s” corner  
at Vtune = 1.4 V, the rejection frequency has changed to F0 = 264 MHz. To have the nominal value of  
the rejection frequency, it is necessary to change the tuning voltage to Vtune = 1.65 V. In the case of  
the “fast3s” corner at Vtune = 1.4 V, the rejection frequency has changed to F0 = 403 MHz. To have  
the nominal value of the rejection frequency, it is necessary to change the tuning voltage to Vtune =  
= 1.21 V. As can be seen, a feasible change of the tuning voltage allows to adjust the filter circuit to the  
nominal rejection frequency.
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а)

b)

Fig. 4. Rejector Gm-C active filter

Fig. 5. Amplitude and phase response of the post-layout simulation



Circuits and Systems for Receiving, Transmitting and Signal Processing

49

а)

b)

As the results of the transient analysis, at the frequency of 100 MHz the differential input (the dash  
line) and output (the solid line) signals of the post-layout simulation and the output signal spectrum  
are shown in Fig. 6. As can be seen, the nonlinear distortion of the layout is no more than 63 dB,  
which corresponds to the value of total harmonic distortion equal to 0.07%. Main characteristics  
of the realized rejector Gm-C active filter are summarized in table 1 in comparison with the results  
published in [3].

Table 1
Comparison of post-layout simulation results

Main characteristics This work [3]

CMOS technology 180 nm 130 nm

Layout area 0.002 mm2 0.046 mm2

Number of transconductance amplifiers in the filter circuit 7 6

Power consumption 4.8 mW 3.5 mW

Fig. 6. Differential input and output signals of the post-layout simulation and the output signal spectrum



Устройства и системы передачи, приема и обработки сигналов

50

Main characteristics This work [3]

Power consumption per one transconductance amplifier 0.7 mW 0.6 mW

3-dB bandwidth 225 MHz 156 MHz

Attenuation 23.1 dB 28.9 dB

In-band ripple 0 dB 1 dB

Total harmonic distortion 0.07% 0.5%

Conclusion

The realization of a rejector Gm-C active filter in the Mikron JSC 180 nm CMOS technology has  
been discussed. In comparison with the results published in [3], this work provides a more compact  
layout, a higher frequency range, and a lower total harmonic distortion at a similar power consump-
tion per one transconductance amplifier. The circuit is applicable in networking and optical commu- 
nication.
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Abstract. This paper presents the development results of a power limiter for the 30–6500 MHz  
frequency range, implemented as a microwave monolithic integrated circuit (MMIC) based on a  
domestic GaAs pHEMT technology. Implementing the power limiter as a monolithic integrated  
circuit reduces the weight and size of the final device compared to a hybrid implementation. The  
power limiter consists of three cascaded stages connected in parallel, comprising Schottky diodes  
interconnected by microstrip transmission lines that compensate for the parasitic capacitances  
of the diodes. The developed power limiter exhibits an insertion loss of less than 0.7 dB, an input  
and output VSWR of less than 1.2, an input 1 dB compression point of at least 22.8 dBm, and a  
maximum input power of at least 40.7 W. The MMIC die dimensions are 1400 × 1300 µm. The  
developed power limiter can be used in the input stage of receiving devices, such as antenna  
feeder systems for direction finding.

Keywords: microwave, monolithic integrated circuit, power limiter, antenna-feeder system, GaAs 
pHEMT, Schottky diode
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Аннотация. В данной статье представлены результаты разработки ограничителя мощ-
ности диапазона частот 30–6500 МГц, реализованного в виде СВЧ монолитной инте-
гральной схемы на основе отечественной GaAs pHEMT-технологии. Реализация огра-
ничителя мощности в виде монолитной интегральной схемы позволяет уменьшить  
массогабаритные параметры конечного изделия по сравнению с гибридным вариантом  
реализации. Ограничитель мощности состоит из трех каскадов, включенных параллель-
но, диодов Шоттки, соединенных микрополосковыми линиями передач, компенсиру-
ющими влияние паразитных емкостей диодов. Разработанный ограничитель мощности  
обладает вносимыми потерями менее 0,7 дБ, КСВН входа и выхода составляет менее 1,2,  
величина входной мощности точки компрессии по уровню 1 дБ составляет не менее  
22,8 дБм, максимальная входная мощность не менее 40,7 Вт. Размеры кристалла моно-
литной интегральной схемы составили 1400 х 1300 мкм. Разработанный ограничитель  
мощности может быть использован во входном тракте приемных устройств, таких как  
антенно-фидерные системы пеленгования.

Ключевые слова: СВЧ, монолитная интегральная схема, ограничитель мощности, антен-
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Introduction

In modern antenna-feeder bearing systems (AFS) for direction finding, the power limiter (PL) is  
one of the key components of the input stage [1]. The primary threat to AFS is a strong signal that  
falls within the system’s operating frequency band. This could be either random interference from a  
nearby transmitter or a deliberate attempt to “blind” the bearing system through a targeted attack.  
Such a powerful signal can overload the receiving stage elements (for example, a low-noise amplifier  
in a preselector) or cause irreversible damage to the device (Fig. 1). Consequently, the PL’s role is to  
safeguard highly sensitive components against signals whose power surpasses a safe threshold [1, 2].

One of the major trends in the evolution of radio electronic equipment is the adoption of micro-
wave monolithic integrated circuits (MMICs) [3, 4]. Specifically, PLs implemented using MMICs  
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Fig. 1. Preselector block diagram

are characterized by compact dimensions, high performance, and the absence of the need for external  
matching [5, 6].

Due to difficulties in accessing high-tech foreign-produced equipment and the limited availability  
of specialized microcircuit solutions, there is a particular focus on expanding the range of MMICs  
manufactured using domestic technological processes (for example, at Svetlana-Rost JSC) [7–10].

This work explores the specifics of designing a power limiter for the frequency range from 30 to  
6500 MHz based on domestic GaAs pHEMT technology, utilizing process design kits for solid-state  
microwave devices (PDK_pHEMT05D) [11].

The design of a broadband MMIC PL based on domestic GaAs pHEMT technology presents sev-
eral challenges. The primary scientific and technical problem lies in the contradiction between the  
need for high input power handling (tens of watts) and the low breakdown voltage of Schottky diodes  
compared to PIN-diodes. Furthermore, ensuring minimal insertion loss (< 1 dB) and voltage stand-
ing wave ratio (VSWR) < 1.5 across a wide frequency range (30–6500 MHz) is non-trivial due to the  
parasitic capacitance of the diodes.

The purpose of this work is to develop a compact MMIC PL for antenna-feeder bearing systems  
using domestic GaAs pHEMT technology, providing protection against high-power input signals  
while maintaining linearity in the low-signal mode.

To achieve this goal, the following research tasks were formulated:
1.  To select and justify the choice of the domestic technological process (pHEMT05 vs pHEMT025)  

based on the analysis of the current-voltage characteristics of Schottky diodes.
2.  To determine the optimal number of limiting stages and the periphery of the diodes to ensure  

the required compression point (P1dB ≥ 20 dBm) and maximum input power (≥ 10 W).
3.  To develop a distributed structure of the limiter where the parasitic capacitance of the diodes is  

absorbed by the microstrip transmission lines to achieve broadband matching.
4.  To evaluate the key electrical parameters (insertion loss, VSWR, P1dB) through electromagnetic 

simulation and compare them with existing commercial and domestic analogs.

Operating principle

The PL MMIC is a device composed of several stages implemented as segments of a transmission  
line with nonlinear elements – diodes – that alter their electrical characteristics when the incident  
microwave power exceeds a certain threshold level [1, 3, 5, 7]. In the high-power mode, when the  
input microwave power equals or surpasses the threshold level, the PL reduces it to a level safe for the  
receiver’s input circuits. Due to its relatively low value, this power is referred to as the leakage power.  
In the low-power mode, the input microwave power is significantly lower than the threshold level, and  
the device allows the input signal to pass through with minimal attenuation [1, 13].
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Fig. 2. IV-Curve of the 4 x 40 µm reverse biased diode: pHEMT05 (a); pHEMT025 (b)

For PL MMIC, PIN-diodes or Schottky diodes are utilized [5, 6]. Schottky diodes have a lower  
breakdown voltage and are less resistant to overheating compared to PIN-diodes [12]. However, they  
are technologically compatible with low-noise transistors, unlike PIN-diodes, enabling the creation  
of core-chips [4, 6] and reducing the cost of the final product.

PL design

At present, Svetlana-Rost JSC offers two GaAs technological processes with diodes for the commer- 
cial launch of MMICs: pHEMT05 (0.5 µm gate length) and pHEMT025 (0.25 µm gate length).

Analysis of the diode IV-curves (Fig. 2) revealed that the breakdown voltage for the first process is  
approximately -11.2 V, whereas for the second process it is around -5.7 V. Consequently, pHEMT05  
is a more preferable choice, as diodes produced using this process feature significantly higher break-
down voltage and can thus handle greater input microwave power.

In addition to the breakdown voltage, the performance of the PL is influenced by the number  
of diodes in the stage and the periphery of the diodes used [6, 13]. A larger diode periphery enables  
higher microwave power handling. However, the higher parasitic capacitance of such diodes restricts  
the operating frequency range. To address this issue, a distributed structure was employed, where the  
parasitic capacitance of the diodes is absorbed by a distributed transmission line [14, 15].

The methodology for determining the number of stages and the total diode periphery was based on  
the required input 1 dB compression point (P1dB) and the withstand input power. A single-stage lim-
iter using Schottky diodes with a total periphery of 640 μm (4 x 160 μm) provides a P1dB of approxi-
mately 26–26.5 dBm but fails to limit power above 30 dBm due to the risk of breakdown. To achieve  
withstand input power no less than 10 W, a three-stage distributed topology was adopted (Fig. 4). This  
allows for sequential activation of the diode cells: diodes VD11–VD26 are turned on first and handles  
moderate over loads, while diodes VD1–VD10 provide limiting at high power levels, preventing voltage  
swings from exceeding the reverse breakdown voltage of 11.2 V (as verified in Fig. 9).

Microstrip transmission lines composed of two metallization layers are used as inductances L1  
and L2. The characteristic impedance and electrical length of each transmission line section were  
synthesized to absorb the parasitic capacitance Cj into a distributed LC network, forming a low-pass  
filter structure. The optimization goal was to achieve insertion loss < 1 dB and VSWR < 1.5 over the  
30–6500 MHz band. The two-layer metal lines were chosen not only for high current density but also  
to reduce the series inductance per unit length, which improves the cutoff frequency of the limiter.

The layout of the designed PL is presented in Fig. 4. The MMIC dimensions are 1.4 x 1.3 mm.
All electromagnetic simulations of the passive structures and harmonic balance simulations of the  

nonlinear circuit (Schottky diodes) were performed using AWR Design Environment. The perfor-
mance of the PL in the small-signal mode is demonstrated in Figs. 5–6. Insertion loss is no more than  

а)						              b)
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Fig. 3. PL schematic

Fig. 4. PL layout

Fig. 5. PL insertion loss
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0.7 dB, and VSWR does not exceed 1.2 units. These parameters consider the parasitic impact of wire  
bonding using 35 µm diameter gold wire.

The results of the analysis of the PL in the high-signal mode are shown in Figs. 7–8.
Fig. 9 shows the simulated voltage swings across the VD5 and VD6 diodes when the input power  

is 10 W (40 dBm) at 6 GHz. As you can see from the graph, the peak voltage is almost 8 V, which is  
lower than the breakdown voltage of 11.2 V. The predicted power of this limiter is 40.7 W (46.1 dBm).

A comparison of the results shows that the main characteristics of the PL designed on the basis of  
domestic technology are comparable to foreign and domestic analogues, and in some cases even sur-
passes them. For example, the Qorvo TGL2210-SM1 GaAs PL is also based on three cascades. With a  
similar operating frequency range (0.05–6.0 GHz) and comparable insertion loss (less than 0.7 dB),  
this PL provides a higher maximum input power (49.3 dBm) due to the use of PIN-diodes. However,  
Qorvo’s chip has significantly larger dimensions (4.0 x 4.0 mm), and the linearity level (input 1 dB  
compression point is less than 20 dBm) does not allow it to be used in AFS due to possible input  
signal distortions.

1 TGL2210-SM, Available: https://www.qorvo.com/products/p/TGL2210-SM (Accessed 17.02.2026)

Fig. 6. PL VSWR

Fig. 7. Output power vs input power at 6 GHz
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The domestic analog, the M54404 PL from Planet Argal2, is also comparable in the operating fre-
quency range (0.1–6.0 GHz), but in other characteristics it is completely inferior to the developed  
PL: insertion loss reaches 1.5 dB, input 1 dB compression point is less than 20 dBm, maximum input  
power is not more than 40 dBm, and the dimensions of the MMIC are 3.4 x 2.3 mm.

Conclusion

As a result of this research, the PL MMIC was designed on the basis of domestic GaAs рНЕМТ-tech-
nology using process design kit pHEMT025D. The PL consists of three stages of Schottky diodes con-
nected in parallel by microstrip transmission lines. The values of the parameters of the components  
have been found that provide insertion losses of less than 0.7 dB in the frequency range 30–6500 MHz,  
VSWR of no more than 1.2, input 1 dB compression point is no less than 22.8 dBm, maximum input  
power of at least 40.7 W. The size of the MMIC is 1400 x 1300 microns.

2 SVCh zashchitnoe ustroistvo M54404 [Microwave protective device M54404], Available: https://argall.nov.ru/wp-content/uploads/2021/08/
M54404.pdf (Accessed 17.02.2026)

Fig. 8. Input 1 dB compression point vs frequency

Fig. 9. Voltage swings on VD5 and VD6 diodes at 40 dBm input power
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Аннотация. Разработана аппаратная реализация импульсной нейронной сети для  
классификации изображений шрифта букв и цифр в КМОП-технологии АО «Микрон»  
180 нм. Размеры топологии 500 × 550 мкм. Напряжение питания 1,0 В. Средняя потребля-
емая мощность около 0,06 мВт. Тактовая частота до 10 МГц. Сеть содержит четыре слоя  
по 15, 8, 8 и 10 узлов соответственно. Входные данные и веса синапсов имеют разряд- 
ность 3 бита. Проведено сравнение с результатами других работ.

Ключевые слова: КМОП, аналоговая нейронная сеть, интегрирующий нейрон с утечкой
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Introduction

The development of neural networks that can classify data with high speed and accuracy while  
consuming small power is an emerging research area. Of particular interest are spiking neural net-
works (SNNs), in which interactions between artificial neurons are mediated by pulses of a specific  
amplitude passing through functional analogs of biological junctions – synapses [1–8]. The goal of  
this work is to develop a four-layer analog SNN topology for classifying font images of letters and  
numbers, in a 5 × 3 pixel format, characterized by a small number of neural nodes and a simple neuron  
structure. In this paper, a hardware realization of a SNN is developed in the 180 nm CMOS technolo-
gy of Mikron JSC. Simulation results taking into account the parasitic parameters of the circuit layout  
and pads, i.e., post-layout simulation results, are presented.

Spiking neural network

An SNN can be used in image classification. An analog neural network is potentially more efficient  
than a digital one. In this work, the neural network has 15 nodes in the input layer, 10 neurons in the  
output layer, and also has two hidden layers with 8 neurons each (Fig. 1, a).

Fig. 1b shows the main blocks of the SNN chip. The chip consists of: input data register, control  
circuit, spike generators, synapse register, first and second hidden layers, output layer, and counters  
with output register. The input data, as well as the synapse weights, are fed to a register in parallel  
form. The input layer generates spikes, whose number is proportional to the input value. Synapses  
transmit these spikes to neurons in the next layer. The neuron’s capacitor is charged by the spikes,  
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Fig. 1. SNN

with the current proportional to the synapse weight. When a threshold is exceeded, the neuron gen-
erates (“fires”) its own spike, which is passed on to the next layer, while the capacitor is reset. Neu-
rons are implemented using the leaky integrate-and-fire (LIF) neuron model. Spikes from neurons  
in the output layer are counted by counters. The counter codes are the network’s output signal. The  
decision corresponds to the node that has produced the maximum code. The input data and the syn-
apse weights have a 3-bit resolution. Silence mode, synapse weights setting mode, data input/output  
mode, and operating mode are supported. The working cycle including input data writing, network  
operation, and data output, takes 36 clock periods. Default synapse weights and default input data  
can be set for control. The comparator thresholds in each internal layer and in the output layer can be  
controlled. The neuron charge leakage rate can be adjusted. The output of one of the neurons is routed  
from each layer to control spike generation.

Examples of the synapse circuit are presented in [2, 6–8]. The synapse circuit designed in this work  
is shown in Fig. 2, a. In accordance with Fig. 1, the input of each neuron is connected to eight synap- 
ses. The spike “SPK” is transmitted via the synapse. The weight of the synapse is set using the values  
“W<0:2>” that are stored in a row of synapse register (Fig. 1, b). The output node “MEM” is used to  
connect neuron capacitor. The data “D<0:2>” on MOSFETs’ gates of single-finger M1, two-finger  
M2, and four-finger M3 determines charge current of the neuron capacitor.

The neuron circuit designed in this work is shown in Fig. 2, b. The circuit consists of three parts:  
comparator on MOSFETs M1–M11; analog memory element on MOSFETs M12–M16, neuron ca-
pacitor C1, and inverter I9; and logic part I1–I8. The signal “LEAK” sets the rate of charge leakage  

a)

b)
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Fig. 2. Synapse and neuron circuits

a)

b)

of the neuron capacitor. The signal “MDN1” enables the comparator operation during operating  
mode of the SNN and disables the comparator in other modes. The comparator compares the signals  
“REF” and “MEM”, generates its output signal “ANA”, which is the input signal to the logic. Buffer  
I1 consists of four series-connected identical CMOS inverters. Buffer I2 consists of six series-con-
nected CMOS inverters with different transistor lengths and defines the pulse width of the output  
spike. The NANDs I3 and I4 form an SR latch, while CMOS inverter I5 produces reset signal “RST”  
for discharging the neuron capacitor C1. The signal “MDN0” enables the discharge of the neuron  
capacitor C1 in silence mode. The signal “SPK” is the neuron’s output, while the signal “NSPK”  
provides the ability to control data in layers of the SNN using measuring equipment. The CMOS in-
verter I8 uses six-finger MOSFETs to increase neuron’s load capacity. The signal “LIK”, formed in  
the comparator, is an additional biasing signal for analog memory element.
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The layout of the SNN circuit is shown in Fig. 3 and has dimensions 500 × 550 µm. The layout  
consists of columns representing some main parts, namely input data register, control circuit and spike  
generators, synapse registers, neurons of the first and second hidden layers, neurons of the output  
layer, and counters with the output register in accordance with Fig. 1, b.

The supply voltage of Mikron JSC 180 nm CMOS technology is 1.8 V, but at this voltage the SNN  
circuit has high-power consumption, ca. 0.5 mW. It is possible to decrease power consumption by  
using supply voltage of 1.0 V. At this voltage the SNN circuit still works correctly while consuming  
only 0.06 mW.

Fig. 4 shows the operation of a neuron. The signal “CLK” represents the input spikes from previous  
neural network layer. The reference level “REF” is equal to 250 mV (dot-dashed line). There are two  
signals of neuron memory shown at different leakage control voltages that are equal to 0.1 V and 1.0 V.  
For “MEM_0.1” (dashed line), the leakage of the neuron is less than for “MEM_1.0” (continuous  
line). If the reference level is exceeded by the value in the neuron’s memory, a spike “SPK” is formed.

Fig. 5 shows the process of writing the input data into 15 neurons of the SNN input layer as well as  
generation of spikes as a results of post-layout simulation. Signals “MODE<1>” and “MODE<2>”  
define SNN working mode, at MODE<1> = 0 and MODE<2> = 1, the input data writing is performed.  
The input data has a 3-bit resolution and is shown in Fig. 5 in decimal representation as “CODE”  
from 0 to 7. The input data writing is performed at a fall of the signal pulse “CLK<2>”. At MODE<1> =  
= 0 and MODE<2> = 0, the neural network is in silence mode. The outputs of spike generators in in-
put layer are indicated from “SP_1<1>” to “SP_1<15>”. In operating mode at MODE<1> = 1 and  

Fig. 3. SNN circuit layout
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Fig. 4. Neuron operation

Fig. 5. The input data writing and spikes generation

MODE<2> = 0, the input layer generates spikes (their number can vary from 0 to 7) at the rise of the  
signal pulse “CLK<1>”. The number of spikes is equal to the input value of “CODE”. Synapses trans- 
mit these spikes to neurons in the next layer.

Fig. 6, a shows spikes generation in four layers of the neural network as the results of post-lay-
out simulation. As seen, in operating mode at MODE<1> = 1 and MODE<2> = 0, the input layer  
generates six spikes on “SP_1<1>”, the first hidden layer – three spikes on “SP_2<1>”, the second  
hidden layer – two spikes on “SP_3<1>”, and the output layer – two spikes on “SP_4<1>”. To check  
the data in SNN layers using standard measuring equipment, signals “SP_1_pulse”, “SP_2_pulse”,  
“SP_3_pulse”, and “SP_4_pulse” are formed and have detectable pulse durations ca. 0.05 µs similar  
to that of “CLK<1>”.
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Fig. 6b shows the process of reading the output data out of 10 neurons of the SNN output layer as  
the results of post-layout simulation. The spikes of the output layer are indicated from “SP_4<1>” to  
“SP_4<10>”. In operating mode at MODE<1> = 1 and MODE<2> = 0, the output layer generates  
spikes from 0 to 7 at the rise of the signal pulse “CLK<1>”. At MODE<1> = 0 and MODE<2> = 0,  

a)

b)

Fig. 6. Spikes generation in four layers and SNN result output
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the neural network is in silence mode. The output data reading is performed at MODE<1> = 0 and  
MODE<2> = 1. The output data has a 3-bit resolution and is shown in Fig. 6b in decimal representa-
tion as “SNN_CODE”, i.e., the values can be from 0 to 7. The output data reading is performed at  
the fall of the signal pulse “CLK<2>”. As seen, the value of “SNN_CODE” is proportional to the  
number of spikes.

Main characteristics of the realized SNN are summarized in Table 1 in comparison with the results  
published in [2]. Complexity/Area and Complexity/Power are near to those in [2].

Table  1
Comparison of results

Main characteristics This work [2]

CMOS technology 180 nm 180 nm

Architecture Analog Analog

Classifier type SNN SNN

Neuron Model LIF LIF

Аrea 0.275 mm2 3.6 mm2

Power consumption 0.06 mW 1.06 mW

Complexity [Total number of weights] 208 3311

Complexity/Area 756 920

Complexity/Power 3467 3123

Conclusion

The hardware realization of the SNN in the 180 nm CMOS technology of Mikron JSC has been  
discussed. In comparison with the results published in [2], this work provides competitive values of  
Complexity/Area and Complexity/Power characteristics.
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The influence of three object characteristics is considered, from which the final significance  
metric is formed: geometric complexity (polygon count), spatial size, and the object’s potential  
as an occluder, calculated based on visibility analysis performed using ray casting. Combining  
these features with adjustable weights makes it possible to obtain a unified estimate of the  
potential importance of an object and its impact on rendering during the configuration of  
optimization approaches. The results show that geometric complexity provides strong separation  
of objects into groups, assigning 22.6% of the objects in the experimental scene to the high-
significance category. The balanced configuration and the dominance of other coefficients  
individually demonstrate lower differentiation, yet accurately identify the most complex objects  
intentionally placed in the scene, while classifying over 70% of the remaining models as low-
significance. Regardless of the chosen configuration, the method correctly identifies candidates  
clearly suitable for further optimization.
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Аннотация. В работе проведен анализ поведения метрики значимости объектов трех-
мерной сцены и влияния на нее коэффициентов в рамках метода для предварительной  
настройки оптимизации рендеринга в среде Unity. Рассматривается влияние трех ха-
рактеристик объекта, из которых формируется итоговая метрика значимости: геоме-
трическая сложность (количество полигонов), пространственный размер и потенциал  
объекта в качестве окклюдера, вычисляемый на основе анализа видимости, выполняе-
мого с помощью запуска лучей. Объединение этих признаков с настраиваемыми весами  
позволяет получить единую оценку потенциальной важности объекта и его влияния на  
рендеринг при настройке оптимизационных подходов. Результаты показывают, что гео-
метрическая сложность обеспечивает сильное разделение объектов по группам, относя  
22,6% объектов на экспериментальной сцене к группе высокой значимости. Сбаланси-
рованный запуск и доминирование других коэффициентов по отдельности демонстри-
руют меньшую дифференциацию, но точное определение заранее встроенных в сцену  
самых комплексных объектов, при этом относя более 70% остальных моделей к малозна-
чащим. Независимо от выбранной конфигурации, метод корректно выявляет кандида- 
тов, явно подходящих для дальнейшей оптимизации.

Ключевые слова: компьютерная графика, анализ 3D-сцен, анализ видимости, оптимиза-
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Introduction

Nowadays, modern 3D interactive applications are developed using 3D engines such as Unity and  
Unreal Engine. Despite their popularity in the gaming industry, these engines are also widely used  
in projects related to education, industrial simulations, and the creation of digital twins [1–5]. As  
technology evolves, the complexity of such projects continues to grow. 3D scenes require more com-
putations and contain increasingly detailed objects, while still demanding smooth performance and  
fast user feedback [6–7].

To meet these requirements, developers employ various optimization techniques. A large number  
of optimization tools are already integrated into modern 3D engines, but they require proper config-
uration to be effectively applied. The need to maintain a balance between visual quality and perfor-
mance makes research on the application of optimization techniques in 3D engines both relevant and  
essential [8].

Among the most commonly used in-engine optimization approaches are Level of Detail (LOD)  
and occlusion culling systems. LOD techniques adjust the geometric complexity of objects based on  
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their distance from the camera. Each object contains multiple levels of detail that are switched accord-
ing to predefined thresholds. Occlusion culling, on the other hand, reduces the rendering workload by  
excluding objects that are not visible to the camera due to occlusion by other objects (occluders), or  
simply because they are outside the field of view [9–12].

All things considered, both of these approaches, in their integrated implementations, require  
configuration. Such configurations heavily rely on manual decisions made by developers. To achieve  
efficient use of these tools, developers must determine which objects are important, which can be  
simplified, and which can serve as occluders for surrounding objects. In large and complex 3D scenes  
containing objects of varying quality, these decisions are often based on heuristic assumptions. One  
way to simplify this process and increase its efficiency is to introduce a formalized evaluation frame- 
work that helps analyze which objects require optimization techniques.

Existing research primarily focuses on improving real-time rendering optimization algorithms  
[13–15] or visibility techniques [16–17], while less attention is given to the analysis of objects targeted  
for optimization during the scene configuration stage. In particular, the combined effect of geometric,  
spatial, and visibility-related features on object importance remains insufficiently studied.

Related studies also show that the problem of identifying visually or functionally important ele-
ments of a 3D scene has already been addressed from different perspectives, including mesh saliency  
[18–22], viewpoint entropy [23], learning-based view selection [24], and perceptual rendering [25].  
These works confirm that scene content can be differentiated by importance, visibility relevance, or  
perceptual contribution. However, such approaches are mainly focused on perception, view planning,  
or runtime rendering behavior rather than on the preliminary configuration of built-in optimization  
tools in 3D engines. In this context, the formalized evaluation of scene objects for editor-based opti- 
mization support remains insufficiently explored.

To address this gap, this work considers an object significance metric as a key factor in scene anal-
ysis. This unified metric is used to evaluate objects based on their features, such as geometric comple- 
xity, spatial size, and occlusion potential calculated through ray-based analysis.

This research investigates the behavior of these calculated metrics under different parameter con-
figurations. The main objective is to analyze how different values of feature weights affect the analysis  
results and optimization-related decisions, such as object classification and occluder selection.

The key contributions of this paper are as follows:
•  analysis of the influence of object properties on significance-based evaluation;
•  experimental study of object classification and occluder selection under different coefficient set-

tings.
The proposed approach is implemented and evaluated within the Unity engine using experimental  

3D scenes containing different amounts of primitive and low-poly objects. The experimental results  
provide insights into the behavior of significance-based scene analysis and demonstrate the role of  
weighting coefficients in this approach.

Proposed approach

The developed method is based on the preliminary analysis of 3D scene objects through the forma-
tion of a unified significance metric. The objective is to provide a formalized representation of each  
object’s importance, which can be used for subsequent automated or manual optimization decisions,  
such as level of detail assignment and occluder selection.

The proposed approach operates on a set of object data collected from a 3D scene and evaluates  
each object independently by analyzing its predefined properties. These properties reflect how an ob-
ject contributes to rendering performance and the visual perception of space in a 3D scene. While the  
contribution of many object properties deserves further investigation, this study primarily considers  
three features.
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1.  Geometric complexity
Geometric complexity is defined as the number of polygons (triangles) that constitute the analyzed  

object. This value reflects the computational cost of rendering the object and is commonly used in  
LOD systems, since one of the most straightforward ways to reduce rendering cost is to decrease the  
number of processed polygons.

2.  Spatial size
Spatial size represents the physical extent of an object within the scene. It is computed based on  

the dimensions of the object’s bounding volume. By considering spatial size, it becomes possible to  
evaluate how much space an object occupies. Larger objects are more likely to influence visibility and,  
therefore, may act as occluders that block other objects. However, spatial size alone does not capture  
the full scene context. For instance, a large object located at the boundary of the scene may not func- 
tion as an occluder, but rather as a candidate for LOD configuration.

3.  Occlusion potential
Occlusion potential is calculated using a ray-based analysis. A set of rays is generated from a prede-

fined number of source points around the analyzed object. Intersections with other objects, excluding  
the target itself, are recorded. If the number of intersections exceeds a specified threshold, the ob-
ject can be marked as an occluder (for example, by assigning the “Occluder Static” flag in the Unity  
engine). Occlusion potential reflects the likelihood of an object blocking visibility by analyzing its  
surrounding environment, providing an approximation of its contribution to occlusion culling.

To combine the considered object characteristics into a unified value, a significance metric is in-
troduced:

where V(o) is the significance value of object o; C(o) is the normalized geometric complexity of object  
(number of triangles); S(o) is the normalized spatial size (object’s bounding box volume); H(o) is the  
normalized occlusion potential estimated by using ray-based analysis; k1, k2, and k3 are weighting  
coefficients that define the contribution of each feature and satisfy the condition k1 + k2 + k3 = 1.

Prior to aggregation, all object feature values are normalized to the range [0, 1] using min-max  
normalization. This ensures comparability and interpretability between values of different scales.

An additive aggregation was chosen instead of multiplicative model in order to maintain balance  
between features, avoiding possible suppression effect caused by low-valued components. Using an  
additive model also simplifies sensitivity analysis, since it was important to see how different coef-
ficient setups influence resulting metric. The application of multiplicative models is considered as a  
potential direction for future work.

The significance metric produces a scalar value representing the overall importance of an object  
within the scene. The weighting coefficients can be adjusted to emphasize different aspects of object  
importance, such as rendering cost (geometric complexity), spatial size, or occlusion capability.

The choice of a linear additive model for significance metric is also motivated by several practical  
considerations derived from 3D application development. First, linear aggregation ensures computa-
tional transparency during scene preprocessing, allowing easy and fast result interpretation. Second,  
the additive form provides direct traceability: the influence of each coefficient can be immediately  
understood and tuned. Third, the metric is supposed to be used in context of scene preprocessing,  
where rapid iteration and predictable behavior are in priority. It is also important that chosen model  
does not require high computational costs and is easy to integrate in project analysis pipeline. The  
model may get more complex based on discovered coefficient influence and other further research.

By incorporating the computed significance value into 3D scene analysis, more informed deci-
sions can be made during the configuration of optimization methods. First, the metric can be applied  

( ) ( ) ( ) ( )1 2 3 ,V o k C o k S o k H o= ⋅ + ⋅ + ⋅
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to occluder selection. A high significance value may indicate both strong occlusion potential and  
substantial spatial presence, making such objects more likely to block visibility and serve as effective  
occluders.

To conduct controlled experimental studies of the metric behavior, several configurable parameters  
are defined prior to analysis. These include the number of rays and their sources, threshold values for  
occluder detection and classification, as well as the weighting coefficients.

In the context of this study the selection of weighting coefficients is performed empirically to define  
representative configurations for analysis. Flexible coefficient tuning is supported, allowing adapta-
tion to different 3D scene properties and optimization goals. Several configurations are considered,  
including balanced weighting and setups based on individual dominance of each feature. The choice  
of coefficients may depend on the type of the analyzed scene. For example, geometry-dominant anal-
ysis can be beneficial for scenes containing big amount of highly detailed objects. These experimental  
configurations are designed to investigate this idea. The derivation of optimal coefficient values for 
specific scene types is a prospect for future research.

The proposed framework serves as a basis for analyzing the influence of different weighting coeffi-
cient combinations on optimization decisions, which is further explored in the experimental section.

Research methods

The purpose of the research is to investigate the influence of characteristic weighting on the behav-
ior of the proposed significance metric and its impact on optimization configuration decisions in 3D  
scenes. Following research methods were employed:

1.  Controlled experiment. Four fixed configurations of coefficients were defined and tested on the  
same 3D scene to check the effect of each configuration in the same context.

2.  Comparative analysis. The analysis finishes with object classification across three significance  
groups (low, medium and high). The results of these classifications were compared for each configu-
ration.

3.  Mean significance metric value was calculated for each configuration to check overall tendency  
of metric.

4.  Five large-scale objects were intentionally placed in the scene to verify that any configuration  
will constantly identify evidently important objects.

Experimental setup

The experiments were conducted using a pre-built 3D scene created in the Unity engine editor.  
The test scene consists of a large number of static simple building models (up to 1000), representing  
an urban-like environment with varying object scales and high density. Most of the objects are not  
unique, as they are instances of seven base building models. These base objects differ in spatial size  
and geometric complexity. Such a configuration ensures diverse object combinations within the scene,  
making the task of identifying significant objects more challenging. Among all objects, five of them  
have increased size to imitate evident occluders. In addition, they differentiate in color. Fig. 1 shows  
model examples, while Fig. 2 demonstrates scene setup from the top-down view in Editor Mode.

Since the main goal of the study is to investigate the role of weighting coefficients in the computa-
tion of the significance metric, the parameters related to occlusion potential analysis (number of rays,  
number of ray sources, and occluder threshold) were predefined and kept constant throughout all  
experiments. Four experimental cases were defined, each corresponding to a different configuration  
of weighting coefficients.

The specific values of the weighting coefficients used in the experiments are defined as follows:
1.  Balanced configuration: k1 = 0.33, k2 = 0.33, k3 = 0.33;
2.  Geometry-dominant configuration: k1 = 0.6, k2 = 0.2, k3 = 0.2;
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3.  Occlusion-dominant configuration: k1 = 0.2, k2 = 0.2, k3 = 0.6;
4.  Size-dominant configuration: k1 = 0.2, k2 = 0.6, k3 = 0.2.
These configurations were selected to explicitly analyze the influence of each feature on the re-

sulting significance metric. The first experiment is based on a balanced configuration, where all co-
efficients have equal importance. The second experiment uses a geometry-dominant configuration.  
By increasing the importance of geometric complexity, the analysis prioritizes objects with a high  
polygon count and, consequently, higher rendering cost. The third experiment focuses on occlusion  
potential, where the main objective is to analyze differences in occluder selection across the three  
configurations. Fourth experiment uses spatial size of the object.

The evaluation of the experiments is based on the distribution of objects across significance ranges  
and the number of selected occluders. Three significance levels are introduced based on the value of  
V(o): low (≤ 0.33), medium (0.33 < V(o) ≤ 0.66) and high (> 0.66). These thresholds correspond to an  
equal partitioning of the normalized value range. A simple partitioning based on three groups ensures  

Fig. 1. Object examples

Fig. 2. Scene top-down view



Моделирование вычислительных, телекоммуникационных и управляющих систем

76

consistent comparison between different configurations and keeps analysis results easily interpreta-
ble. The results are compared to determine how different weighting schemes influence optimization  
decisions.

The experiments were performed within the Unity editor environment, inside a project containing  
the implementation of the proposed approach along with the required 3D assets. The analysis tool is  
implemented as a custom editor extension, enabling automated processing of the scene. The analysis  
is performed outside of runtime, as its purpose is to support configuration and optimization rather  
than real-time execution.

Results and discussion

The results of the experimental study are presented in Tables 1 and 2.

Table  1
Distribution of objects by classification levels

Configuration Coefficient values Low significance group
Medium significance 

group
High significance 

group

Balanced
k1 = 0.33,  
k2 = 0.33,  
k3 = 0.33

701 294 5

Geometry
k1 = 0.6,  
k2 = 0.2,  
k3 = 0.2

496 278 226

Occlusion
k1 = 0.2,  
k2 = 0.2,  
k3 = 0.6

700 295 5

Spatial size
k1 = 0.2,  
k2 = 0.6,  
k3 = 0.2

986 9 5

Table 1 shows the distribution of objects across significance-based classification levels for different  
weighting configurations of the metric. The classification is derived from normalized values of the signi- 
ficance metric V(o), which combines geometric complexity, spatial size, and occlusion potential.

It is also important to state again that experimental scene contained five intentionally placed large-
scale building models which were adjusted manually to serve as primary occluders. Across all exper-
iment configurations these five objects consistently received the highest significance scores. These  
objects were always correctly classified as high significance objects, while also marked as occluders by  
occlusion analysis. Shown invariance to coefficient differences demonstrates that the analysis exhibits  
robustness in identifying most evident and important objects for optimization, regardless of the em-
phasis placed on different coefficients.

In the balanced configuration, where all features contribute equally, only five objects are assigned  
to the high-significance group, which are evident occluders. Most of the models are classified as  
low-significance objects. Considering the context of experimental scene, this result demonstrates that  
in case of non-existing domination among the coefficients, only the high-profile objects are treated  
as significant ones.

When geometric complexity is prioritized, the distribution shifts toward a higher number of signifi-
cant objects. The share of high-significance objects increases, while the number of low-significance  
ones decreases compared to other configurations. This indicates that geometric complexity provides  
a clearer distinction between objects, as it introduces a stronger contrast between simple and complex  
models.
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In contrast, the occlusion-dominant configuration results in a noticeably skewed distribution, simi-
lar to balanced configuration, where most objects fall into the low-significance group. This suggests  
that occlusion potential alone does not provide sufficient differentiation in dense scenes, as many  
objects demonstrate similar visibility behavior under ray-based analysis.

The most pronounced effect is observed in the size-dominant configuration. In this case, almost all  
objects are classified as low significance, with only a small number identified as highly significant. It  
should be noted that several large-scale objects were intentionally included in the scene as reference  
structures. These objects are correctly classified as highly significant, while the remaining objects  
form a nearly homogeneous group. This behavior indicates that spatial size alone is not sufficient for  
reliable object importance evaluation in complex environments.

Table 2 presents the average value of the significance metric for each experimental configuration.  
The mean value is computed by averaging the significance metric values for each previously analyzed  
object in the scene. The results reflect the tendency of the metric on current scene. Higher values in-
dicate a shift towards higher significance among the objects, while lower values show that most of the  
scene consists of less significant 3D models.

The geometry-dominant configuration produces the highest mean value, reflecting a stronger dif-
ferentiation between objects. The balanced configuration demonstrates moderate values, while the  
occlusion- and size-dominant configurations result in lower averages, indicating weaker separation  
between objects.

Table  2
Average values of the significance indicator for each experimental configuration

Configuration Mean V(o)

Balanced 0.23

Geometry 0.31

Occlusion 0.23

Spatial size 0.18

Overall, the results demonstrate that the weighting coefficients of the significance metric influ-
ence object classification. Among the considered features, geometric complexity provides the most  
effective basis for differentiation, while spatial size and occlusion potential, when used independently,  
show limited capability in distinguishing object importance in dense scenes.

While direct comparison with existing methods is hard to perform due to different evaluation met-
rics and goals, Table 3 provides a qualitative comparison of the proposed approach with existing tech- 
niques mentioned in introduction as related work.

Additionally, in the context of comparing approach discussed in this work with other approaches,  
it is important to note that recent advances in machine learning, including LLM and vision-based AI  
systems, provide powerful tools for semantic scene understanding, object importance estimation and  
image analysis. Those approaches can address similar problems by learning perceptual or significance  
directly from provided data.

However, the proposed method differs in scope and application context. First, it is meant to be  
used in the preprocessing stage within 3D engine workflow, where low computational overhead and  
controllability are very important. Calculation of metric does not require additional training data or  
any integration outside of engine tools. Second, the proposed approach provides easy interpretability,  
since each feature can be directly controlled through weighting coefficients. It allows developers to  
manage and modify analysis process based on their optimization goals and current 3D scene, which  
can be difficult to achieve with black-box models.
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Table  3
Qualitative comparison of the proposed approach with existing methods

Criterion Mesh saliency [18]
Viewpoint 

selection [24]
Object-space 

VSD [16]
Proposed approach

Intended use

Perceptual 
saliency for mesh 
simplification and 

compression

View set selection 
for synthetic training 

data generation

Global visible surface 
determination 
(object space)

Preliminary  
in-engine 

optimization 
configuration 

(occluder selection)

Output type
Saliency score per 
vertex or per face

Set of camera poses
Binary classification 

(visible/invisible 
per triangle)

Unified significance 
metric per object

Requires 3D engine No No No Yes

Requires training data
Yes (RPCA-generated 

ground truth)
Yes (NYUDv2) No No

Operates on
Individual faces 
(patch-based)

Rendered images
Individual triangles 

(per ray)
Whole 3D object

Can affect scene/
objects 

No No No
Yes (can mark 

potential occluders 
in Unity engine)

Conclusion

This paper presents an experimental study of a significance-based approach to object evaluation  
in 3D scenes within the Unity engine. The proposed metric combines geometric complexity, spatial  
size, and occlusion potential into a unified scalar value that can be used for object classification in the  
context of rendering optimization, particularly for occluder selection.

The experiments conducted show measurable shifts in object grouping under different configura-
tions. In particular, the geometry-dominant configuration increases the number of high-significance  
objects from 5 (in balanced case) to 226, while reducing the number of low significance objects from  
701 to 496. Spatial size configuration demonstrates high concentration of objects in low significance  
group (986 out of 1000), indicating reduced differentiation. The different distribution of objects  
across classification levels is also shown by mean V(o) values, calculated during experimental runs.  
Geometry-dominant configuration produces highest average value (0.31), while size-dominant con-
figuration produces the smallest (0.18). The results confirm that different weighting schemes affect  
object classification based on their significance.

Notably, most of the time, high-significance group received only five objects, which were inten-
tionally placed large-scale occluders. The consistency of analysis results in these cases across most  
of the configurations confirms the robustness of the significance metric in detecting models which  
definitely influence scene visibility and rendering complexity.

The proposed approach can be integrated into existing project configuration workflows as a pre-
processing tool for rapid 3D scene analysis. By providing a formalized and configurable estimate of  
object importance, the method reduces reliance on manual judgments, which is particularly valuable  
for large and complex scene set ups with huge amounts of high-detail models with dense placements.

Future work may proceed in several directions. First, more complex benchmark evaluation is re-
quired to research influence on metric values in cases which are closer to real application scenarios.  
Second, results of rendering optimizations configured based on metric evaluation should be inves-
tigated. Finally, adaptive coefficient and analysis parameter selection is an important research pros- 
pect, since it can possibly reduce the need for manual value tuning.
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The obtained results provide basis for further research in scene analysis based on object signifi-
cance metric. The critical role of parameter selection and coefficient weighting in such methods is  
also highlighted, marking the problem of optimization technique configuration adaptation for various  
3D scenes.
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planning process and automatic checks, 4) ensuring additivity between monthly plans based on  
linear programming and shift-daily schedules, and 5) automatic monitoring of plan and actual  
asynchrony to detect deviations. The methodology is embedded into the system implementation  
process, linking methodological principles with each project stage. It constitutes a replicable  
approach applicable to petrochemical and other continuous production facilities, ensuring the  
creation of a robust and adequate system capable of operating under the high dynamics and  
complexity of modern production.
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Аннотация. В работе рассматривается комплексная задача календарного планирова-
ния непрерывных производств, таких как нефтеперерабатывающие и нефтехимические  
предприятия. Подробно анализируются характерные проблемы существующих моделей,  
включая сложность учета всех технологических и логистических ограничений, трудно-
сти эксплуатации и ограниченное время на подготовку и верификацию планов. В каче-
стве решения предлагается методика внедрения из пяти шагов: 1) агрегирование модели  
для обеспечения ее разрешимости и точности, 2) выбор способов актуализации данных  
(ручной, автоматизированный, автоматический), 3) адаптация пользователей посред-
ством структурированного процесса планирования и автоматических проверок, 4) обе-
спечение аддитивности между месячными планами на основе линейного программи-
рования и сменно-суточными графиками, 5) автоматический контроль асинхронности  
плана и факта для выявления отклонений. Методика встроена в процесс внедрения си-
стемы, связывая методологические принципы с каждым этапом проекта, и представляет  
собой тиражируемый подход, применимый к нефтехимическим и другим непрерывным  
производствам и обеспечивающий создание устойчивой и адекватной системы, способ-
ной функционировать в условиях высокой динамики и сложности современного произ-
водства.

Ключевые слова: календарное планирование, нефтеперерабатывающий завод, модели пла-
нирования, метод внедрения, APS
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Introduction

The efficiency of continuous production facilities, such as oil refineries and petrochemical plants,  
depends directly on the consistency of long-term volume planning, operational monthly plans, and  
shift-level production schedules. Significant financial losses, such as missed delivery deadlines, vessel  
demurrage, and non-optimal use of storage capacity, are caused by the inability to translate high-level  
plans into feasible, short-term schedules [1]. Despite the availability of commercial APS/MES solu-
tions, implementations of production scheduling systems remain rare and often do not yield sustainable  
benefits [2].

The core difficulties are well known: models that fully capture all technological and logistic con-
straints become computationally intractable; manual updating of large volumes of input data con-
sumes time that is simply not available for short-horizon rescheduling; coordinating models at several  
planning levels requires substantial manual effort; and plan vs actual analysis cannot be performed  
with the necessary frequency and depth.
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This paper presents a systematic method for implementing production scheduling systems that si-
multaneously addresses these problems. The method is structured around five interrelated principles:

1)  aggregation,
2)  actualization,
3)  user adaptation,
4)  additivity of plans,
5)  asynchrony of plan vs actual.
Though the method is described for an oil refinery, it is designed for continuous and semi-conti- 

nuous process industries in general.
Production scheduling in the process industries has been studied from several directions.
Approaches to the production scheduling problem are divided into deterministic and non-deter-

ministic [3], employing both exact and heuristic solution methods
Mathematical programming
The dominant optimization approach is Mixed-Integer Linear Programming (MILP) [4]. MILP  

models can explicitly account for unit operating modes, tank capacities, and material quality con-
straints and have been extended to multi-product inventory logistics [5]. However, full-scale refinery  
models quickly become computationally intractable, which prevents their use for frequent, short-ho-
rizon rescheduling [4].

Simulation
Simulation models reproduce the dynamic behavior of production through rules and state changes  

[6] and have been employed for operational scheduling and plan vs actual analysis [7]. Among the  
main approaches to simulation modeling, one can distinguish the object-oriented approach, agent-
based modeling, and distributed simulation [8]. The main drawback of simulation is the need for  
extensive manual control to find an acceptable schedule, making them time-consuming for daily use.

Decomposition and aggregation
To manage complexity, decomposition-coordination methods divide the plant-wide problem into  

sub-problems by production stages [9]. Aggregation techniques reduce model dimensionality by sim-
plifying resources and time scales [10]. While computationally effective, these approaches introduce  
the problem of ensuring consistency and feedback between the sub-models and the original problem.

Heuristic methods
Rule-based and metaheuristic algorithms can find acceptable solutions quickly [11], but they sac-

rifice optimality and require significant tuning by experienced users.
The analysis reveals that existing approaches treat individual aspects of the scheduling problem  

in isolation – model formulation, algorithm, or data integration. While comprehensive reviews and  
integrated views on scheduling models and tools exist [12], no holistic implementation methodology  
has been proposed that simultaneously addresses the choice of model granularity, automation of data  
actualization, coordination of multiple planning levels, and operational control of plan vs actual de- 
viations. This gap is the starting point of the present work.

Planning models issues
Despite numerous scientific works devoted to production scheduling tasks and the availability of  

commercial products created to solve these tasks, current implementations of scheduling systems  
for oil refining productions are rare. Analysis of the features of models and planning systems, data  
sources, as well as the implementation process at refineries, reveals a number of issues with existing  
approaches to this task.
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Issue 1. The model does not account for all constraints
Sequential Linear Programming (SLP) methods, used in modeling systems such as PIMS by As-

penTech1, RPMS by Honeywell2, Plan by Nauka LLC3, and Production Modeling System for Oil  
Refining and Petrochemistry (SMPR) by Centre of Digital Technologies LLC [13], excellently solve  
the task of monthly volumetric planning for oil refining production considering flow quality indica-
tors, but are not applicable for the production scheduling task, as the models of these systems do not  
account for logistical constraints (tank farms, loading racks). Therefore, to account for these con-
straints, it is necessary to use other models and solution methods.

Issue 2. The model is difficult to use
Simple mathematical planning models may not account for all necessary constraints. For example,  

using a simple tabular simulation model created in MS Excel, one can easily create a schedule for  
petroleum product shipments with daily detail, but the capacities of loading racks, the operation of  
tanks and events lasting less than a day will not be accounted for.

When using complex mathematical models and methods, e.g., optimization MILP models or heu-
ristic methods, problems arise with their configuration to obtain a solution, the input of additional  
constraints necessary to account for features that emerged after the model was put into operation, as  
well as the problem of interpreting and analyzing the obtained solution.

After analyzing the obtained solution, a need for its adjustment may arise because either the model  
does not account for all constraints, or the user possesses knowledge about upcoming events that are  
unavailable to the model as source data. For example, the priority of producing a certain product, a  
decrease in unit capacity, or the need to empty a tank below the minimum inventory level. In such a  
case, the user must either add a constraint to the model or manually correct the obtained solution.  
When using an optimization model, introducing an additional constraint can lead to a change in the  
solution over the entire planning horizon or to an infeasible solution. Consequently, the need for  
re-analysis of the obtained plan or schedule arises. This necessity also arises when using other models  
and methods.

Issue 3. Limited time for schedule preparation
Planning department employees can spend from one day to a week preparing the monthly volume  

plan. The preparation process occurs before the start of the planning period, for example, by the 25th  
of the month preceding the planning period. The monthly production plan undergoes approval and  
endorsement in several divisions of the plant and the oil company. The calculation of the plan itself  
using an optimization model takes no more than 5 minutes; however, the preparation of source data,  
model actualization, analysis of results, and plan coordination take significant time.

Significantly less time is allocated for the preparation of the production schedule. For example,  
a production schedule with a 24-hour planning period cannot take more than one day to prepare; a  
schedule with a one-shift planning period cannot take more than one shift; and a plan with a one-
hour planning period cannot take more than one hour. Thus, the time for preparing and verifying  
source data, calculating, and analyzing the obtained results is limited.

When preparing data for calculation using a production scheduling model, data from other mod-
els are used, for example, from current planning models and balance models, as well as from various  
source data systems (Fig. 1).

1 AspenTech | Process Engineering, Asset Performance Management, Digital Grid Management AI Software | Industrial Digital Transformation, 
Available: http://aspentech.com/ (Accessed 14.11.2025).
2 Process Automation | Honeywell, Available: https://process.honeywell.com/ (Accessed 14.11.2025).
3 IT-kompaniia NAUKA – tsifrovizatsiia protsessov i proizvodstv [IT company NAUKA – digitalization of processes and production], Availa-
ble: https://ntik.ru/ (Accessed 14.11.2025).



System Analysis and Control

85

Time during source data preparation can be spent not only on forming the conditions for solving  
the problem but also on detecting and correcting discrepancies between the production scheduling  
model and the source models/systems. Thus, a new stream in the LP model, not accounted for in the  
production scheduling model, can lead to an inadequate production schedule.

When using several models with different time scale, the task of correlating the obtained results for  
nested time intervals arises. The solution of the monthly planning model does not contain instruc-
tions on how and in which period to implement the monthly assignments. Similarly, a production  
schedule with a daily planning period does not specify how production should function within a day.  
At the same time, the solution of the monthly planning model contains source data for production  
scheduling models.

Issue 4. Interrelation of planning models
Solving the production scheduling task as a whole for the entire production with the required  

detail (in terms of days/shifts, hours/minutes/events) does not seem feasible. For mathematical pro-
gramming methods, the difficulty lies in the high dimensionality of the models. Simulation modeling  
methods require a large amount of manual control to find a solution. Heuristic methods do not guar-
antee achieving an optimal solution. Therefore, the planning task is divided into parts – production  
stages, for example, feedstock receipt, primary and secondary processing, blending and packaging of  
finished products, product shipment (Fig. 2).

The process of decomposition into subtasks can be performed not only in terms of parts of the  
production but also in terms of time (planning horizon, time discretization) and the detail level of  
production parts (accounting for part of the technological constraints).

When using several models for different parts of the production or with different detail levels accord-
ing to the technological scheme, it is necessary to consider the interrelation of these models (Fig. 3), and  
hence the systems ensuring their construction, data population, solution, analysis, and output of results.

Violation of the interrelation of models causes erroneous calculations: operating conditions, as  
well as the production itself, can change, and therefore the models of this production must change.  
If model changes occur uncoordinatedly, the solution of the production scheduling task ceases to be  
adequate.

Issue 5. Plan-vs-actual analysis
The actual operation of production should correspond to the calculations produced using planning  

models, i.e., the actual should be close to the plan, which is verified by their comparison. When us-
ing several models that solve the planning task for different production areas or with different detail,  
comparing their calculation results with the actual remains relevant but is complicated by the large  

Fig. 1. Interaction of the production scheduling model with other models and data sources
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Fig. 2. Example of dividing refinery production into stages

Fig. 3. Interaction of production scheduling models with each other, with other models and data sources

number of compared parameters and the limited time necessary for conducting the plan-vs-actual  
analysis and making a decision on plan adjustment.

The above list of problems must be taken into account when optimizing the work processes of  
production scheduling at a refinery, namely when choosing a production scheduling system and the  
process of its implementation (methodology).

Proposed method

The proposed method consists of five steps, briefly outlined in [14], that must be performed jointly.  
Each step corresponds to a principle derived from the issues identified in previous section.

Step 1. Model aggregation
A planning model is a description of a technological object, with the help of which one can an-

swer the question of how this object will operate in the future. The model consists of elements of the  
technological object, such as units, tanks, pipelines, etc. It must account for the parameters of these  
elements, for example, capacity constraints, volume, flow rate, etc. Furthermore, the model uses  
for planning a set of source data that establishes the correspondence of the model elements with the  
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current (tank inventories) and target (shipment plan) state of the technological object. Thus, we can  
speak of three components of the model:

1)  element description,
2)  parameters,
3)  source data.
The same technological object can be described by models of different detail levels.
Firstly, the level of detail is set by the number of elements used to model a particular technological  

object. For example, an atmospheric-vacuum Crude Distillation Unit (CDU), consisting of pumps,  
heat exchangers, coolers, furnaces, and columns, can be represented as a single model element with  
incoming and outgoing petroleum product streams (Fig. 4.1). If the goal is to obtain a plan for this  
unit’s operation requiring forecasting of product output depending on feedstock properties and ca-
pacity, there is no need to consider its technological device, and the chosen level of aggregation allows  
simplifying the model (Fig. 4.2).

Secondly, the number of parameters and constraints related to a single element also determines the  
model’s granularity. To schedule tank farm operations, it is necessary to consider minimum and maxi-
mum tank inventory constraints. Additionally, there could be a requirement for the model to consider  

Fig. 4.1. Detailed model of a CDU: 1) crude oil pump; 2) heat exchangers; 3) condensers-coolers;  
4) hot pump; 5) chillers; 6) furnaces; K1–3 – distillation columns

Fig. 4.2. Simplified model of a CDU
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the desired minimum and maximum inventory level. Such constraints will increase the complexity of  
the planning model but also will allow more accurate schedule.

Thirdly, the number of parameters and input data required for a model’s validity depends on the  
number of elements. For example, a model for a 20-tank tank farm requires twice as much data on  
tank constraints and initial conditions as a 10-tank farm.

Overview of step 1
The level of detail of the scheduling model is chosen based on two criteria: the accuracy required  

for decision-making and the computational time acceptable for the given rescheduling frequency. Ag-
gregation refers to the number of modeled elements (e.g., representing an entire crude distillation unit  
as a single node with input/output streams vs detailed flowsheet) and the set of constraints (e.g., hard  
capacity limits only vs additional desired inventory bands). The chosen level of aggregation directly  
determines the feasibility of subsequent automatic actualization and user interaction.

Step 2. Data actualization
Actualization means bringing the model into conformity with the current production situation.  

The model’s parts are updated with different frequencies: model elements and their parameters  
change rather rarely, typically during modernization, repair, or commissioning of new production  
facilities; source data for calculation, on the contrary, change frequently.

Manual, fully automated, or semi-automated – these are methods of model actualization in con-
sideration.

With the manual method, the user makes the necessary changes to the model using the graphical  
interface of the planning system. The manual actualization method is characterized by high time  
consumption, proportional to the model’s detail (see aggregation level), as well as a high probability  
of errors when making changes to the planning model, setting parameters, and entering source data.

The fully automated method involves configuring the information system services so that changes  
to the planning model are made without user, for example, based on changes in an external applica-
tion’s database or by automatically importing a file with the necessary data. With the fully automated  
actualization method, it is necessary to establish a relationship between the planning model and data  
sources and have data integration and validation tools.

The semi-automated method is intermediate between manual and fully automated ones, as it re-
quires the user participation, for example, to select only specific data for import, put additional in-
formation to this data, or manually specify the correspondence between the data source and a model  
element.

An information system that actualizes the model can update the model’s components using various  
methods, presented in Table 1.

Table  1
Example of planning model actualization methods

Model Components
Actualization Method

Manual Fully Automated Semi-automated

Element’s description 

Element’s parameters 

Tank Source Data 

Quality Source Data 

Order Source Data 
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The interrelation of the aggregation level with the choice of actualization method can be demon-
strated by the following example. Let a planning model have a parameter specifying the minimum  
oil product level in a tank. A period in which the oil product level in the tank is below the minimum  
contains non-zero penalty variables, indicating a violation of this constraint, and the solution is con-
sidered inadequate. However, after the completion of scheduled tank maintenance, the inventory in it  
is less than the constraint set in the model, which leads to the appearance of non-zero penalty values.  
Eliminating the presence of non-zero penalties in this situation can be achieved in various ways:

1.  One can modify the planning model so it will take into account the possibility of violating the  
minimum tank inventory constraint after coming out of scheduled maintenance. This will affect the  
model’s level of detail and complicate its structure.

2.  The planning model remains unchanged, but an actualization method is created where the pa-
rameter specifying the minimum tank inventory will be zero or equal to the residue in the tank after  
the completion of maintenance. In this case, it is necessary to calculate or estimate the time it will  
take for the tank to fill to the minimum level in order to restore the real constraint value.

The second option can be implemented with fully automated and semi-automated methods of ac-
tualizing source data and model parameters. With the manual actualization method, this option would  
require significant time from the model user and could be a source of model configuration errors if the  
user does not return the constraint value to its original state.

When choosing a method for actualizing source data, the frequency of calculation using the model  
is decisive: when calculating once a month/week, there is enough time for the manual actualization  
method; when calculating once a day/hour and with a large volume of data, there will not be enough  
time for manual data update, validation, and entry into the model. Thus, to use the manual method of  
source data actualization, it is necessary either to reduce their volume, i.e., aggregate the model (see  
aggregation level), which will entail a decrease in the adequacy of the obtained plans, or to perform  
calculations less frequently (once a week), which will entail an increase in reaction time to changes in  
the production situation and reduce planning efficiency. Fully automated and semi-automated actual-
ization methods solve these problems; however, they require establishing relationships between data  
sources and the planning model and using integration tools.

Overview of step 2
For each component of the model (structure, parameters, initial data etc.) a concrete method of  

update (manual, fully automated, and semi-automated) is fixed according to the frequency of change  
and the available integration infrastructure. For example, laboratory quality data are updated auto-
matically from LIMS, while the activation of a new process unit is entered manually. The decision is  
critical: with shift- or hour-level rescheduling, manual data entry becomes impossible without sacri-
ficing timing or accuracy. Fully automated and semi-automated actualization eliminates this bottle- 
neck and prevents configuration errors caused by missed or delayed updates.

Step 3. User adaptation
As with the implementation of any complex information system, users are main reasons of the  

success or failure of the project. The adoption of the system, as well as new workflows, also depends  
on the system’s users.

On the one hand, users can undergo formal training on the use of the system and new workflows,  
in the form of a user course, and gain an understanding of how to use the scheduling system for their  
daily tasks. However, it is worth noting that although this approach will allow the system to be handed  
over for industrial operation and used successfully for some time after commissioning, it does not  
guarantee the maintenance of a lasting effect from the implementation of the new information system.

On the other hand, the participation of key end users in the project implementation process, un-
dergoing in-depth training in the form of a series of advanced user courses, will allow them to view  
the system not as a “black box”, but as a flexible tool for performing and optimizing daily work tasks.  
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At the same time, the topics of advanced training must include model creation, mathematical aspects  
of finding a solution, configuration, and system support. This approach requires a certain level of  
training from the users.

Regarding the optimization of business processes, in addition to the requirements for the level of  
training of end users at the time of handing over the system for trial operation, it is also necessary to  
consider the degradation of user knowledge over time, or the complete disappearance of this knowl-
edge when team members change, which happens quite often due to promotions of planning depart- 
ment employees or staff turnover.

Furthermore, training materials, courses, and user support materials must be updated with product 
updates, and this imposes certain requirements on the software vendor.

The level of detail of the planning workflow, which is the result of optimization/re-engineering of  
scheduling business processes, is directly related to the user and their level of mastery of the system.  
The planning workflow must be sufficiently detailed, but not overloaded, so that it can be compre-
hended. The aggregation level and the model actualization method directly influence the level of de-
tail of the planning workflow, which, in turn, affects the efficiency of using the implemented planning  
system.

Overview of step 3
The planning workflow and system interface are designed so that the user perceives the system as  

a transparent decision-support instrument, not as a “black box”. The workflow must be sufficiently  
detailed to reflect the actual work of the planning department but not overloaded. Special attention is  
paid to the degradation of user knowledge over time and during staff rotation; therefore, the workflow  
is reinforced by automated validation checks that prevent typical human errors.

Step 4. Additivity of plans
Additivity is a property of quantities, consisting in the fact that the value of a quantity corresponding  

to a whole object is equal to the sum of the values of the quantities corresponding to its parts.
Planning is always conducted at several levels. Starting from investment plans for several years and  

ending with hourly schedules or event-based periods. The planning workflow, which is the result of  
optimization/re-engineering of planning business processes, is responsible for the sequence of actions  
during planning, the identification of stakeholders, and data flows in planning.

The planning workflow must consider the sequence of plan calculations, and this means the inter-
action of several plans, when the results of one are the source data for the calculation of another, and  
then the results of the second adjust the first, thus establishing feedback. The interaction of plans is  
the interaction of several systems (and/or their models) of different planning levels, or of one model,  
but calculated for different source data (which is quite rare). At the same time, the workflow must  
consider the detail level of the models, the method of actualization, and user adaptation.

Overview of step 4
Consistency between the results of models at different planning levels is enforced procedurally  

and mathematically. The monthly LP plan serves as a set of target volumes for the scheduling mod-
el, while the schedule, once calculated, provides feedback on the achievability of those targets. This  
creates a closed-loop management cycle and eliminates the situation where the schedule contradicts  
the monthly plan.

Step 5. Asynchrony of plan and actual
Planning is a corrective process, so it is necessary to know the current state, the target state, the 

deviation, and, moreover, to respond appropriately to identified deviations. The planning system must  
automatically account for the plan deviation from the actual, considering the actualization method:  
perform data collection, comparison, analysis, and presentation of results in the form of reports or  
recommendations. Report generation must satisfy the principle of user adaptation, and recommen-
dations for adjustment must satisfy the principle of plan additivity. In addition, actual data on the  
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production state may come from systems that have a different object detail, which establishes a con- 
nection with the aggregation principle.

Overview of step 5
A mechanism for the automatic detection of deviations is built into the system. Scheduled and  

actual inventories, material movements, and shipments are compared at every calculation cycle. Dis-
crepancies are visualized, and rule-based recommendations for plan adjustments are generated. This  
automates the labor-intensive plan-vs-actual analysis and guarantees that the schedule remains rele-
vant under changing production conditions.

Advantages of the proposed method
The five-step method provides several measurable and qualitative advantages over conventional,  

isolated implementation approaches. A comparative summary is given in Table 2.

Table  2
Comparison of approaches

Criterion MILP Standalone Simulation Decomposition Proposed Method

Solvability for large problems Low High (manual search) Medium High (guided aggregation)

Schedule preparation time Long Long Medium
Short (automated 

actualization)

User expertise required Very high Medium High
Medium (structured 

workflow)

Cross-model consistency Low Low Medium High (additivity principle)

Plan-vs-actual analysis Manual Semi-automated Manual Automated (asynchrony)

Quantitatively, pilot applications at a refinery site showed a reduction in schedule preparation time  
from approximately eight hours to three to four hours, and the elimination of data transfer errors  
between the monthly plan and the daily schedule. The key qualitative advantage is the creation of a  
single, consistent version of the production plan across all management levels, which is automatically  
maintained over time through the principles of actualization and asynchrony.

Implementation framework

The implementation of a production scheduling system is carried out similarly to the implemen-
tation of any information system for production automation, and both agile methods, the waterfall  
approach, and a hybrid approach can be applied [15]. The stage-wise sequence presented below cor-
responds to the classic process of creating automated systems, regulated by GOST 34.601-90 “Auto-
mated systems. Stages of development” or ISO/IEC 12207 “Systems and software engineering – Soft-
ware life cycle processes”. The project stages when implementing the waterfall and hybrid approach  
are the following:

1.  Site survey and technical requirements development.
2.  System design.
3.  Development and actualization of production scheduling models.
4.  Model testing of the system.
5.  System deployment on site.
6.  System integration.
7.  User training.
8.  Trial operation.
9.  Model adjustment and handover of the system for industrial operation.
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When implementing a hybrid approach, stages 1–9 can be carried out iteratively and only for a  
specific functionality of the system being developed in a sprint.

At the first stage, a survey of the refinery is carried out, during which the production technology,  
available documentation, technological parameters, statistical data on equipment loading, produc-
tion volumes, feedstock supply, and product shipment are studied. Data on laboratory operations are  
also collected. Information is gathered about the plant’s information systems that are sources and  
consumers of data for the planning system. Also, during the first stage, the technical requirements for  
the system are developed and approved, detailed based on the survey results.

At the second stage, system design is carried out, during which a technical (or preliminary) design  
is developed. The technical design includes the system architecture, component interaction diagrams,  
integration interfaces with other systems, and specifications of equipment and software. The prelim-
inary design contains preliminary solutions and concepts that are detailed in the technical design. At  
this stage, the planning workflow is also developed.

At the third stage, based on the approved design solutions, the development and actualization of  
production scheduling models are carried out. The models are populated with data, parameterized,  
and configured in accordance with the plant’s technological processes.

At the fourth stage, model testing of the system is conducted. Testing is performed on an isolated  
stand using actual and planned data to verify the correctness of calculations, the adequacy of the  
models, and the functionality of the planning algorithms.

At the fifth stage, the system is deployed at the plant site. Server and client software are installed  
and configured, databases are deployed, and the infrastructure is prepared.

At the sixth stage, work is carried out to integrate the production scheduling system with other  
enterprise systems (e.g., ERP, MES, LIMS), which are sources and consumers of data. Automated  
information exchange flows are configured.

At the seventh stage, users are trained to work with the system, configure it, update existing plan-
ning models, and create new models.

At the eighth stage, the system is handed over for trial operation. At the plant, the adequacy of the  
production scheduling models under real conditions is checked, software and model errors are iden- 
tified, and requirements for additional reports and functionality are formed.

At the ninth stage, based on the results of trial operation, the system’s models and software are ad-
justed, necessary reports are created, and documentation, including the planning workflow, is updat-
ed. After eliminating all identified problems and successfully completing acceptance tests, the system  
is handed over for industrial operation.

The nine-stage implementation process is not a mere project plan but the operationalization of  
the five-step method. The Aggregation level is formalized during Site Survey and Design. The Actu-
alization method is configured during Integration. User Adaptation is realized through training and  
trial operation. Additivity and Asynchrony are embedded as functional requirements during System  
Design and are validated during Model Testing and Trial Operation. This explicit link between the  
methodological principles and the project stages distinguishes the approach from conventional system  
deployments and is the critical factor for long-term sustainability.

Conclusion

The analysis presented in this paper revealed that existing approaches to production scheduling  
fail in industrial practice not because of model inaccuracy, but because of the absence of a holistic  
implementation methodology that simultaneously addresses model aggregation, data actualization,  
plan consistency, and user involvement.

The main result of the work is a novel five-step implementation method (aggregation, actualiza-
tion, user adaptation, additivity, asynchrony) that systematically guides the design, deployment, and  
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Abstract. Cyber-physical control systems must satisfy strict constrains on the magnitude of  
control actions and the rate of signal change, while simultaneously balancing multiple, often  
conflicting, control objectives. In multi-objective optimization (MOO) problems, the optimizer  
naturally produces a set of competing control candidates. However, in closed-loop operation, a  
single implementable control action must be selected at each sampling instant. In practice, this  
selection is typically performed through fixed scalarization rules, which can lead to performance  
degradation under changing operating conditions in the case of non-convex Pareto fronts or  
poorly scalable objectives. This work aims to improve the quality of control based on MOO through  
a decision support system that accounts for the structure: the proposed architecture decouples  
online Pareto-front construction from action selection. A heuristic multi-objective optimization  
algorithm based on the NSGA-II genetic algorithm generates feasible control sequences under  
magnitude and rate constraints, while a learned selector, denoted as Learned Pareto Filter  
(LPF), evaluates these candidates using structural features that account for both individual  
characteristics of the solutions and their interrelations within the Pareto set. The method is  
evaluated on two benchmark problems. First, a system with an analytically known Pareto front  
structure is used. Second, the approach is validated on a nonlinear boiler-turbine load-changing  
scenario, widely used in constrained nonlinear control studies. The results demonstrate that  
LPF-based selection produces smoother control actions, improved tracking performance, and  
greater robustness to regime changes compared to objective-based scalarization methods. The  
findings confirm that, in Pareto-based control, closed-loop quality depends critically on the  
selection mechanism rather than solely on the optimizer generating the Pareto set.
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Pareto selection, graph neural networks, constrained nonlinear control
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СТРУКТУРНО-ОРИЕНТИРОВАННАЯ СИСТЕМА  
ПОДДЕРЖКИ ПРИНЯТИЯ РЕШЕНИЙ ДЛЯ УПРАВЛЕНИЯ, 

ОСНОВАННОГО НА МНОГОКРИТЕРИАЛЬНОЙ ОПТИМИЗАЦИИ

А. Диб ✉ , В.Н. Хохловский
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Санкт-Петербург, Российская Федерация
✉ dib_a@spbstu.ru

Аннотация. Киберфизические системы управления должны удовлетворять строгим  
ограничениям по величине управляющих воздействий и скорости изменения сигнала,  
одновременно обеспечивая баланс между несколькими (часто противоречивыми) целя-
ми управления. В задачах многокритериальной оптимизации оптимизатор естествен-
ным образом генерирует множество конкурирующих кандидатов на управление. Однако  
в замкнутом контуре на каждом шаге дискретизации требуется выбрать единственное  
реализуемое управляющее воздействие. На практике этот выбор обычно выполняется с  
помощью фиксированных правил скаляризации, что может приводить к ухудшению ха-
рактеристик при изменении режимов эксплуатации в случае невыпуклой формы фрон-
та Парето или трудно масштабируемых критериях. Данная работа направлена на по-
вышение качества управления, основанного на многокритериальной оптимизации, на  
базе системы поддержки принятия решений, учитывающей структуру: предложенный  
метод разделяет этап онлайн-построения фронта Парето и этап выбора управляюще-
го воздействия. Эвристический алгоритм многокритериальной оптимизации, основан-
ный на генетических алгоритмах NSGA-II, генерирует допустимые последовательности  
управляющего воздействия с учетом ограничений по величине и скорости изменений,  
тогда как предложенный обучаемый селектор, обозначенный как Learned Pareto Filter  
(LPF), оценивает этих кандидатов, используя структурные признаки, учитывающие как  
индивидуальные характеристики решений, так и их взаимосвязи внутри множества Па-
рето. Метод оценивается на двух эталонных задачах. Во-первых, используется система с  
аналитически известной структурой фронта Парето. Во-вторых, подход проверяется на  
нелинейной задаче изменения нагрузки котлотурбинной установки, широко используе-
мой в исследованиях управления нелинейными системами с ограничениями. Результаты  
показывают, что выбор на основе LPF обеспечивает более гладкие управляющие воздей-
ствия, улучшенную точность слежения и большую устойчивость к изменениям режима  
по сравнению с методами, основанными исключительно на скаляризации критериев.  
Полученные выводы подтверждают, что качество Парето-ориентированного управле-
ния замкнутым контуром в критической степени определяется механизмом выбора, а не  
только оптимизатором, формирующим множество Парето.

Ключевые слова: многокритериальная оптимизация, модельно-прогностическое управле-
ние, системы поддержки принятия решений, отбор по Парето, графовые нейронные сети,  
управление нелинейными системами с ограничениями
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Introduction

New-generation cyber-physical systems are increasingly required to operate within strict safety  
envelopes, under hard actuator bounds and rate constraints, while simultaneously satisfying multiple,  
and often conflicting, performance objectives. This requirement is particularly pronounced in energy  
and process industries, where strong variable coupling, nonlinear dynamics, and continuously shifting  
operating regimes render controller design a nontrivial task. Thermal power units and boiler-turbine  
systems constitute representative examples: they must guarantee safety-critical constraints while delive- 
ring the demanded power output despite nonlinear interactions and multivariable dependencies [1–3].

Such characteristics naturally motivate control paradigms that explicitly incorporate constraints and  
performance trade-offs, rather than reducing the problem to a single aggregated objective. In this con-
text, Model Predictive Control (MPC) has emerged as a principled framework for constraint-aware  
decision making and has been widely adopted in industrial practice [4, 5]. Nevertheless, in highly non-
linear plants, real-time feasibility often necessitates structural simplifications, including local lineariza-
tion, gain scheduling, or fuzzy approximations around operating points [6–9]. Alternative approaches  
based on learning-based controllers and evolutionary optimization offer improved adaptability to non-
linearities and uncertainties, yet they frequently introduce considerable computational overhead, which  
complicates their deployment in strict real-time environments [10–15]. Consequently, practical control  
design becomes a balance between model expressiveness (nonlinear representations, multi-objective for-
mulations, hard constraints) and the need for immediate actionable decisions.

A common strategy for handling multiple objectives is scalarization, where several performance  
criteria are combined into a single cost function via weighted sums or related aggregation rules. Al-
though convenient, scalarization requires the selection of preference weights a priori and may become  
fragile when the appropriate trade-off varies across operating regimes [16]. In online control settings,  
this leads to what may be termed a meta-decision gap: even if a multi-objective optimizer produces a  
set of nondominated solutions, the closed-loop implementation requires selecting exactly one control  
input at each sampling instant. If the selection mechanism does not reflect the current regime, the  
resulting closed-loop behavior may degrade, even when the computed Pareto set is accurate.

To address this meta-decision gap, this paper proposes a structure-aware Decision Support System  
(DSS) for multi-objective optimization (MOO)-driven control. The proposed DSS operates within  
a receding-horizon framework. At each step, it constructs an approximate Pareto front of feasible  
control sequences that satisfy hard input bounds and slew-rate constraints, and subsequently selects  
one candidate using a learned, structure-exploiting selection mechanism. Instead of relying on fixed  
scalarization, Pareto selection is formulated as a context-dependent decision problem over a varia-
ble-sized set of alternatives. The selector leverages both per-candidate attributes and relational in-
formation among candidates – such as dominance relations, smoothness properties, and similarity  
measures – to adaptively determine the applied control action.

The main contributions of this work can be summarized as follows:
•  A set-based formulation for online MOO-driven control under hard input bounds and rate con-

straints, where the optimizer returns a feasible Pareto set of control sequences and a dedicated selec- 
tor determines the applied input.

•  A structure-aware selection mechanism that evaluates Pareto candidates using features cap-
turing both individual and relational properties, enabling adaptive and regime-dependent trade-off  
selection without manual weight tuning.

•  An experimental validation based on an online Pareto-front construction procedure (NSGA-II)  
[17], with comparisons against standard scalarization-based selection rules, demonstrating improved  
decision consistency under changing operating conditions.
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Related works

Constraint handling is central in real systems due to actuator saturation and rate limits. MPC  
provides a principled framework to embed such constraints directly in control synthesis [4–5]. In  
boiler-turbine and related thermal systems, constrained predictive control has often relied on model  
simplifications, including fuzzy multi-model schemes and operating-point strategies [3, 6–7], as well  
as robust and nonlinear variants built on local models or auxiliary constructions to preserve feasibility  
and stability [18–19]. Online linearization and piecewise representations remain common tools to  
balance accuracy and computational tractability across regimes [8–9].

When objectives are nonconvex, discontinuous, or expensive to evaluate, evolutionary computa-
tion offers flexible black-box optimization and has been applied to control design and online tuning  
[13–14]. Learning-based controllers can further capture nonlinearities and uncertainties, improving  
performance over classical baselines [10–11, 20]. However, real-time deployment is constrained by  
training, inference, and repeated optimization costs within the loop [12], motivating architectures  
that separate expensive policy search from fast online execution while preserving constraint awareness  
and regime adaptability.

MOO naturally arises in constrained control problems involving competing criteria such as track-
ing, energy usage, and safety margins [16]. Evolutionary multi-objective algorithms are widely used  
to approximate Pareto fronts in complex spaces [17], yet they do not resolve the core online require-
ment: selecting a single admissible action from a set of nondominated candidates. In practice, scalar-
ization is the dominant baseline, but it encodes fixed global preferences, can miss nonconvex regions,  
and is sensitive to scaling and regime changes [16, 21].

Theoretical works on multi-objective MPC analyze how selection rules affect stability and perfor-
mance. Formal multi-objective MPC formulations link Pareto concepts with receding-horizon control  
[22], utopia-based selection has been used to reason about stability [23], and hierarchical/lexicograph-
ic prioritization has been studied to avoid destabilizing trade-offs in nonlinear MPC [24]. Moreo-
ver, it has been shown that closed-loop guarantees may be achieved without approximating the entire  
Pareto front at each step, provided that an appropriate Pareto-optimal sequence is selected [25]. This  
highlights the importance of the selection mechanism itself.

From a decision-support and multi-criteria decision-making (MCDM) perspective, choosing among  
Pareto candidates depends on scaling, geometry, and operating context, and fixed scalarizations are 
often fragile in practice [21]. Recent learning-based approaches, including multi-objective reinforce-
ment learning (MORL), treat Pareto coverage and online selection as primary objectives, guiding policy  
search with predictive signals to improve front quality and adaptability [26]. However, such methods ty- 
pically do not emphasize explicit constraint feasibility and receding-horizon structure required in hard  
real-time systems.

Taken together, the literature reveals a persistent gap: classical multi-objective MPC provides con-
straint-aware predictive structure and stability analysis under fixed selection principles [21–25], while  
learning-based multi-objective control emphasizes adaptive selection but often abstracts away strict  
constraint handling [26]. A structure-aware decision support system for MOO-driven control lies be-
tween these paradigms: it preserves explicit constraint feasibility and short-horizon predictive optimiza-
tion, yet replaces fragile fixed scalarizations with learned, context-aware selectors that operate directly  
on the structure of the Pareto candidate set.

Problem formulation

Consider a discrete-time controlled system:

( )1 , , , ,n m
k k k k kx f x u x u+ = ∈ ∈  (1)
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operating under hard input bounds and rate (slew) limits:

where inequalities are elementwise. At each time step, the controller must choose an admissible ac-
tion that balances multiple, potentially conflicting objectives. Let

denote a vector of performance criteria to be minimized. For a horizon H, we define a candidate control  
sequence:

and its predicted terminal state:

The induced multi-objective cost of the candidate is then:

To reduce actuator chattering and encourage smooth actions we add a quadratic increment penalty

The online decision problem at time k can be stated as a constrained MOO over sequences:

where U satisfies (2) across the horizon, and λs ≥ 0 trades off smoothness.
The meta-decision gap in Pareto-based control
A central issue in Pareto-based control is that the optimizer returns alternatives, but the closed 

loop requires one actionable control input. In many Multiple-Input and Multiple-Output (MIMO) 
applications, it is common to collapse the objective vector into a single scalar cost via a fixed linear 
combination (weighted sum),

While convenient, such scalarizations implicitly assume that preferences are known a priori and  
remain valid across operating regimes. Moreover, linear scalarizations can fail to represent important  
trade-offs and often require extensive retuning when conditions change. In practice, this “merge-the- 
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objectives” step becomes a bottleneck: even if k is accurate, a poor selection rule can degrade closed- 
loop performance.

Learning-based preference modeling
The proposed strategy is to learn a selector π0 offline from preference labels generated by an oracle  

utility              

designed to reflect tolerance-aware preferences. A function approximator is trained to predict             
from               and the online decision is

This decoupled architecture replaces fixed scalarization by adaptive, data-driven selection while  
preserving the underlying multi-objective optimizer. Rather than collapsing to a single scalar objec-
tive. We approximate the Pareto set of nondominated candidates at each step. Specifically, we define  
Pareto dominance in objective space: for two candidates Ua and Ub,

The (approximate) Pareto front at time k is then the set of candidates not dominated by any other 
candidate in the population:

where H (xk) denotes the set of feasible sequences under (2). Given (xk), a selector policy must choose  
one candidate to apply in receding-horizon fashion:

Graph neural networks as Pareto-front selectors
A key difficulty in (14) is that the Pareto front is a set whose size and composition vary over time.  

Hand-designed scalarizations such as weighted-sum and Chebyshev methods impose a fixed prefe- 
rence structure and can behave poorly when the front is nonconvex, poorly scaled, or when the appro- 
priate trade-off changes with the state.

Graph neural networks (GNNs) offer a natural way to map a variable-size set of candidates to  
scores while exploiting relational structure. A GNN operates on a graph G = (V, E) with node featu- 
res {hv}v∈V and edge features {euv}(u, v)∈E, and updates node embeddings through message passing:
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for layers      = 0,..., L – 1, where (v) denotes neighbors of v. A permutation-invariant readout then  
produces a graph-level embedding

and finally, a scalar score s(G) is computed by a small predictor head. This architecture is well-suited  
to Pareto selection because:

1)  the candidate set is naturally represented as nodes,
2)  pairwise relations can be encoded as edges,
3)  invariance to candidate ordering is required.
LPF filtering under feasibility constraints
We propose a learned selector, denoted as Learned Pareto Filter (LPF), that chooses uk by scoring  

Pareto candidates using a GNN. At time k, a multi-objective evolutionary search (NSGA-II) produces  
an approximate front

with associated per-candidate attributes

We build a graph Gk whose nodes correspond to candidates U(i). Node features encode both candi-
date-specific and context features:

and edges encode candidate-to-candidate relations, such as dominance indicators, objective-space dis-
tances, or normalized differences in terminal states:

The LPF model produces a scalar score for each node i:

and selects the candidate with minimal score:

Training signal
To ground the learned selector with a concrete notion of progress, we train θ to imitate a teacher that  

is available in simulation. For the benchmark considered in this work, the teacher evaluates a candidate  
by the one-step improvement toward the true Pareto set in decision space, optionally with a smoothness  
term:
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where d (·) is a known distance-to-Pareto-set metric in the benchmark and α ≥ 0 controls smooth- 
ness. The training objective is mean-squared error

evaluated over graphs produced by rollouts in which the teacher closes the loop. At test time, only  
             and the learned model are used.

Experiments

Decision support effect towards a known Pareto front
To evaluate the decision-support capability of the proposed selector independently of plant com-

plexity, we adopt a controlled benchmark with analytically known Pareto structure. The system is a 
discrete-time integrator:

subject to elementwise magnitude and slew-rate constraints

Two conflicting quadratic objectives are defined at the terminal predicted state:

Minimizing g1 attracts the state toward the origin, whereas minimizing g2 attracts it toward (1, 1).  
The Pareto-optimal set in decision/state space is analytically known as

which provides an exact reference for measuring convergence in both state and objective spaces.
At each time step, an approximate Pareto set over horizon-H admissible control sequences H = 

= (u0, ..., uH–1) is constructed using NSGA-II under constraints. Each candidate is evaluated by:

From this candidate set, four selection strategies are compared:
1.  WS: fixed weighted sum scalarization.
2.  CHEB: Chebyshev scalarization relative to a utopia point.
3.  PROJ: oracle baseline selecting the candidate whose terminal state is closest to x.
4.  LPF (ours): learned Pareto filter using a graph neural network.
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Only the first control action of the selected candidate is applied in receding-horizon fashion.
Convergence is measured in both decision and objective spaces. The decision-space distance to the  

Pareto set is

while objective-space proximity is measured by distance to a dense sampling of the true front f:

Closed-loop simulations are run for T steps from the same initial condition x0, using identical 
NSGA-II parameters across all strategies. Training data are generated from simulated rollouts. At 
each step, NSGA-II provides a candidate Pareto set. For each candidate, a teacher target is computed 
based on one-step progress toward x:

A graph representation of each candidate, encoding objective values, smoothness, and contextual  
state information, is used to train a GNN to regress this target via mean-squared error. During data  
generation, the oracle PROJ selector is used to ensure coverage of relevant regions of the state space.  
Table 1 summarizes the convergence statistics obtained from the closed-loop simulations.

Pareto convergence statistics over T = 40 steps.

Table  1
Pareto convergence statistics over T = 40 steps

Method Final dx Final df Mean dx Mean df

LPF 0.314 0.642 0.405 0.663

WS 0.242 0.072 0.751 1.280

CHEB 1.119 1.455 1.082 1.997

PROJ 0.278 0.767 0.609 1.221

Objective-space trajectories during the first control steps for all selectors, overlaid on the true Pareto  
front. LPF rapidly aligns its trajectory with the Pareto front, closely matching the oracle-like PROJ  
behavior, while WS and CHEB deviate due to fixed scalarization biases.

Fig. 1 provides a geometric interpretation of these results. While all strategies start from the same  
initial condition, their trajectories in objective space differ markedly. LPF rapidly steers the system  
toward the Pareto front and then evolves along it.

MPC-based control of boiler-turbine unit
To stress-test our strategy, we design the following experiment as a strict ablation of the decision  

stage in Pareto-front based nonlinear MPC for the boiler-turbine unit. All components of the control  
framework are kept identical to those reported in [27] except for the rule used to select a single control  
sequence from the Pareto front. We also decrease the Genetic Algorithm (GA) parameters to keep the  
Pareto front estimation in its early stages. This helps reduce calculation time but degrades the effi-
ciency of the control strategy, ensuring that any observed performance difference is solely attributable  
to the Pareto front selection mechanism.
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The nonlinear model of a boiler-turbine unit is used without approximation or simplification. The  
state dynamics and the algebraic output relations for y1, y2, y3 are preserved exactly as reported in  
[27]. The sampling time is Ts = 0.1 s. The constraints of magnitude 0 ≤ uq ≤ 1, q = 1, 2, 3 and rate:

are enforced online through a trimming operator applied to every control update. The system is ini-
tialized at the 120 MW operating point:

and the reference is switched at one quarter of the simulation time to the 140 MW operating point:

The total simulation time is 400 s. At each policy update, a multi-objective GA searches over a pre-
diction horizon of H = 10 steps. The objectives are defined as the discounted absolute tracking errors  
of the three outputs along the horizon,

with γ = 0.9. The GA parameters match those of [27]: population size 80, 40 generations, and NSGA- 
II non-dominated sorting.

Figs. 2 and 3 show the system outputs and control inputs during the load transition. We see that,  
under the same configurations, the baseline GA fails to control the system near its singular point, and  
causes a huge mathematical derived from the system equations. As this drift might not be physically  
accurate, the algorithms are working with the mathematical model that indeed has singular points in  
the dynamic model. Overcoming this drift is possible by increasing the horizon of the GA, as well as  
its genetic capability, like population and number of generations. However, our proposed LPF was  
able to avoid the singularity trap under the same configurations, showing a more stable performance. 
The main conclusions are:

Fig. 1. Objective-space trajectories during the first control steps  
for all selectors, overlaid on the true Pareto front
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•  The LPF-based controller produces significantly smoother control actions, avoiding the oscilla- 
tory behavior often selected by the baseline GA policy.

•  The tracking of drum pressure, water level, and power output is faster and exhibits reduced over-
shoot with LPF.

•  The LPF policy maintains the system inside the physically valid operating region of the boiler  
model, preventing the undesirable excursions that appear with purely objective-based selection.

These results demonstrate that the LPF does not alter the optimization process itself, but rather  
improves the decision stage by selecting physically consistent trajectories from the Pareto front. This  
confirms that structural awareness of candidate solutions leads to better closed-loop performance  
than traditional objective-based ranking, even when both methods use the same optimization back-
bone.

Fig. 2. Comparison between baseline GA selection and LPF-based selection during the MW  
to MW load transition. The LPF controller achieves smoother inputs and improved tracking performance

Fig. 3. Comparison between the control signals of the two algorithms
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Conclusion

This paper introduced a structure-aware DSS for MOO-driven control under hard magnitude and  
slew-rate constraints. The core contribution lies in explicitly addressing the meta-decision gap in-
herent in Pareto-based receding-horizon control: while multi-objective optimizers provide sets of  
nondominated candidates, practical implementation requires selecting a single admissible control  
action at each time step. By decoupling Pareto-front generation from action selection, the proposed  
framework preserves the expressive power of MOO while replacing fragile fixed scalarization rules  
with a learned, structure-aware selector. The LPF leverages both candidate-specific attributes and  
relational information within the Pareto set, enabling context-dependent trade-off selection without  
manual weight tuning. Importantly, the LPF operates as a lightweight module, making it suitable for  
real-time constrained control architectures.

Experimental results on an analytically tractable benchmark demonstrated that the learned selector  
consistently guides the system toward the true Pareto set more reliably than classical weighted-sum  
or norm-based scalarizations. In the nonlinear boiler-turbine load-change scenario, the LPF-based  
controller achieved smoother control inputs, improved tracking performance, and avoided singular  
or unstable regions encountered by purely objective-based selection, despite identical optimization  
backbones. These findings confirm that, in Pareto-based control, the primary performance bottleneck  
often lies not in Pareto-front approximation but in the selection stage.

Future work will focus on extending the selector to provide theoretical closed-loop guarantees,  
integrating stability-aware training objectives, and exploring transferability across operating regimes  
and system classes. Additionally, incorporating uncertainty-awareness and adaptive online refinement  
of the selector may further enhance robustness in large-scale industrial applications.
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Аннотация. В статье рассматривается подход к управлению нелинейными динами-
ческими системами с использованием метода многокритериальной оптимизации, в  
котором веса критериев адаптируются в процессе управления. В основе метода лежит  
функция Ляпунова, которая входит как в функционал качества, так и выступает в каче-
стве ограничения на траекторию системы. Предлагается численный алгоритм, позво-
ляющий динамически настраивать веса критериев. Критериями являются устойчивость  
и энергозатраты, а их относительная значимость изменяется в зависимости от теку-
щего состояния системы и траектории. Адаптация осуществляется на основе текущего  
значения функции Ляпунова и состояния системы, что обеспечивает автоматическую  
приоритизацию целей без вмешательства оператора. Проведен численный анализ по-
ведения системы при различных схемах адаптации весов. Для рассмотренных моделей  
результаты численного моделирования показывают, что адаптивная настройка весов мо-
жет обеспечивать более быстрое затухание функции Ляпунова и снижение энергозатрат  
по сравнению с фиксированной скаляризацией. Метод применим в задачах управления  
мультиагентными и нелинейными системами, включая киберфизические комплексы,  
автономные агенты и энергетические узлы.
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Introduction

In modern control problems of complex systems, it is often necessary to account for several criteria  
simultaneously: stability, efficiency, coordination among subsystems, and energy consumption. Such  
problems belong to the class of multi-criteria optimization problems, whose solution requires balanc-
ing mutually competing objectives. This is especially relevant for nonlinear and multi-agent systems,  
where the dynamics may be unstable, while the control inputs may be constrained both by admissible  
magnitudes and by available information.

In practice, one of the most common approaches is to scalarize the vector objective function, for  
example, as a weighted sum of criteria. However, this leads to a central question: whether the criterion  
weights should be prescribed in advance or updated during the control process.

The theoretical foundations of optimization and decision-making in the problem of multi-criteria  
control have been described in classical works on mathematical programming, numerical optimiza-
tion, system analysis, and control theory [1–4, 21, 24–26]. In particular, the development of linear and  
nonlinear programming, numerical optimization algorithms, and multi-criteria optimization methods  
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is associated with the works of L. V. Kantorovich, G. B. Dantzig, L. G. Khachiyan, R. Steuer, D. G. Lu- 
enberger, S. Boyd, L. Vandenberghe, V. G. Zhadan, I. G. Chernorutskiy, N. Yu. Prokopenko, V. N. Ko-
zlov, N. V. Rostov, and other authors [1–4]. In these works, multi-criteria problems are usually considered  
from the point of view of Pareto optimality, scalarization, criterion convolution, minimax schemes,  
penalty functions, or numerical methods for finding compromise solutions [1–4, 21, 24–26].

Weighted sum scalarization is one of the most common methods for converting a vector criterion  
into a scalar objective function. In this approach, individual criteria are multiplied by weight coef-
ficients, and then standard numerical optimization algorithms can be applied to the resulting scalar  
problem [1–4]. However, the result of such scalarization depends significantly on the chosen weigh- 
ting factors [21, 26]. If the weighting factors are fixed before the control process begins, they only  
reflect the developer's a priori preferences and do not account for changes in the relative importance  
of stability and control energy throughout the system's trajectory.

In the theory of control, multi-criteria optimization of parameters is used to configure regulators  
of nonlinear automatic control systems [2, 5, 6, 9, 10, 27]. For example, I. G. Chernorutskiy discus- 
ses optimization methods in the theory of control, including parametric optimization, multi-criteria  
problems, and Pareto compromise [2]. N. V. Rostov proposes methods for multi-criteria optimization  
of digital regulator parameters for stabilization and tracking systems with electromechanical instal-
lations, taking into account nonlinearities, constraints, and external disturbances [5, 6, 27–30]. In  
these studies, the main goal is to determine technically sound compromise or Pareto optimal regulator  
parameters. In this case, the weight coefficients of the individual criteria are usually selected as adjust-
able parameters and are not recalculated during the control process depending on the current state of  
the nonlinear system [5, 6, 25, 26].

Similar results have also been obtained in the field of distributed predictive control and optimal  
consensus for nonlinear multi-agent systems [7, 8, 14, 15, 20, 22, 23]. A. N. Venkat has developed a  
distributed predictive control system aimed at improving the performance and stability of closed-loop  
systems for large-scale interacting systems [7]. Y. Tang and X. Wang have considered optimal output  
consensus for heterogeneous nonlinear multi-agent systems with uncertainty, combining distributed  
optimization, consensus, and adaptive control mechanisms [8]. These approaches aim to ensure sta-
bility, constraint satisfaction, coordination, and distributed optimization, but they are based on pre-
dictive optimization, consensus protocols, and adaptive uncertainty compensation [7, 8, 14, 15, 20,  
22, 23]. These approaches do not use the Lyapunov function as a state-dependent variable that direct- 
ly redistributes the weights of the stability and energy criteria during the transient state [14–18, 20].

Therefore, the approach proposed in this article differs from existing results in the following ways.  
The goal is not to construct the entire Pareto set, and it is not just about a posteriori stability checking.  
The Lyapunov function is used both as a stability criterion and as a feedback variable that adaptively  
changes the weights of the criteria during control [9, 10, 14, 16–18, 20]. This allows for higher priority  
of stabilization when the system is far from equilibrium, and increased relative importance of energy  
saving near the equilibrium state.

Fixed weights do not allow the system to adapt to changing conditions. At the initial stage of the  
control process, it may be critical to ensure rapid decay of the system state (stability), while at later  
stages, reducing control costs becomes more important. Without proper adaptation, such changes in  
priority are not reflected in the control law, leading to suboptimal behavior.

This article proposes an approach in which the weights in the multi-objective control problem are  
determined adaptively, as functions of the current system state and the observed trajectory behavior.  
A distinctive feature of the approach is the use of the Lyapunov function both as a stability-related  
criterion and as a variable that governs the redistribution of priorities. This enables the stability crite-
rion to receive greater weight automatically when approaching the boundaries of the phase space and  
its weakening when the system is already close to equilibrium, while maintaining control over costs.
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Thus, the article solves two problems: it proposes an adaptive scalarization mechanism for the ob-
jective function and evaluates its effectiveness for constrained nonlinear control and for a multi-agent  
configuration.

Problem statement for multicriteria control with adaptive weights

Consider a nonlinear controlled system in the form of ordinary differential equations:

where x(t) ∈ ℝn – the state vector; u(t) ∈ ℝn – control input; f( , ) – a smooth vector function that defi- 
nes the dynamics of the system; X, U – the admissible sets of states and control inputs, respectively.

For application to real objects, the proposed method assumes that the state vector x is available for  
feedback control. This means that all components of x are either directly measured by sensors or re-
constructed with sufficient accuracy using a state observer. This article focuses on the case of full state  
feedback. The synthesis of observers for partially measured systems is beyond the scope of this work.

The proposed approach is applicable to nonlinear controlled objects for which: a state-space model  
is known in the admissible operating domain; a continuously differentiable positive-definite Lyapunov  
function V(x) can be constructed; the admissible set of controls is non-empty; and the available control  
actions allow for the reduction of the function V(x). Such objects include electromechanical systems,  
robotic modules, active stabilization systems, power electronic converters, and homogeneous groups of  
mobile agents, provided that the necessary state variables are measurable [10, 14, 18–20, 22, 27].

In the following, by the Lyapunov function V(x), we mean a continuously differentiable positive- 
definite function such that

The value of V(x) is used as a quantitative measure of the system's departure from equilibrium, and  
a decrease in V(x) along the trajectory indicates the system's stabilizing behavior. In simulations, a  
quadratic function is used for a two-dimensional model:

For other nonlinear systems, the form of the Lyapunov function may differ and should be deter-
mined based on the structure of the specific model. Thus, the proposed approach is intended for  
nonlinear controlled systems for which the Lyapunov function is known or can be constructed in the  
admissible state domain, and for which there exists an admissible control input that can reduce this  
function, at least in the sense of the penalty used in the numerical algorithm. In the case of multiple  
agents, discussed below, it is assumed that the agents are homogeneous, the interaction graph is con-
nected, and the agents share a common goal of achieving equilibrium. Systems with heterogeneous  
agent dynamics or incompatible local goals require additional assumptions and are not considered in  
this work.

The goal of control is to minimize a vector criterion that includes at least two individual criteria:

–  the criterion of stability   
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–  control cost criteria              
Scalarization form with fixed weights:

where α > 0 and β > 0; α and β are predefined parameters that specify the relative priority of the ob- 
jectives.

Fixed values of α and β do not adapt to the system dynamics and do not reflect the current impor-
tance of the criteria at different points along the trajectory.

Adaptive weight structure

It is proposed to define weights as functions of the current state:

where ϕ1 and ϕ2 are smooth functions with the following properties:
–  ϕ1 increases with V(x): the stability-related component receives greater weight as the system  

moves farther from equilibrium;
–  ϕ2 increases as we approach equilibrium: the control-cost component becomes more influential  

as the state approaches equilibrium.
The specified properties do not set the only possible form of weight functions, but define a class of  

admissible adaptive scalarizations [21, 25, 26]. In general, any smooth positive functions ϕ1(V), ϕ2(V)  
can be used, for which the normalized weight of the stability criterion:

does not decrease as V(x) increases, and the normalized weight of the energy consumption criterion:

does not increase with V(x). Therefore, the proposed below form of weights is considered not as the  
only possible, but as a simple numerically implementable option, allowing to investigate the effect of  
dynamic redistribution of priorities between stability and energy saving.

Taking into account the adaptive weights, a generalized scalarized functional is introduced:

An example of admissible weight functions is

where κ1, κ2 ≥ 0 are the adaptation coefficients.
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This construction automatically increases the priority of stabilization in the early stages of control  
(when V(x) is large) and increases the relative importance of reducing control energy when V(x) → 0.

The specific form of the functions ϕ1, ϕ2 and the values of the parameters κ1, κ2 affect the quanti-
tative characteristics of the transient process. Increasing κ1 enhances the stabilizing priority for large  
deviations, which can reduce the convergence time but also increase the initial control input and lead  
to saturation of the u constraint. Increasing κ2 increases the importance of energy saving near the  
equilibrium, which reduces the integral energy consumption but may slow down the final convergence  
phase. Therefore, the numerical results should be interpreted as a result for the chosen parametric  
family of weight functions, rather than as a universal statement for all possible adaptive dependencies  
[21, 26].

Limitations of stability

In addition to including V(x) in the objective function, the following condition may be imposed as  
a constraint:

If this condition is imposed as a hard constraint, monotone decrease of the Lyapunov function is 
enforced. If the condition is introduced through a penalty term, this decrease is promoted but is not 
guaranteed by construction.

Discretization of the Problem

For numerical implementation, the problem is discretized with respect to time:

where fd is a discrete model of the system obtained, for example, by the Euler method:

or by a Runge–Kutta method.
The scalarized functional is then written in discrete form:

Numerical Implementation of the Algorithm with Adaptive Weights

Consider the numerical implementation of the proposed approach to multi-objective control with  
adaptive tuning of the functional weights. The problem is formulated as a multi-objective problem  
(stability and energy consumption), and a feedback law is then introduced, in which the adaptive gain  
G(xk) is determined based on the weights ϕ1(xk), ϕ2(xk). The functional J is used as a quality criterion  
and for selecting the controller structure and weight adaptation mechanism. In this case, the minimiza- 
tion of J does not have to be repeated at every control step.

Solution algorithm

1.  Initialization of parameters:
Initial state x0 ∈ ℝn;

( )( ) ( )( ) ( ) ( )( ) ( ) 2
, , 0.

T
V x t V x t f x t u t x t= ∇ ≤ −δ δ >

( )1 , , 0, , 1,k d k kx f x u k N+ = = −

( )1 , ,k k k kx x t x u+ = + ∆ ⋅

( ) ( ) ( ) ( )
1 2

1 2
0

.
N

k k k k
k

J u x V x x u t
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Simulation horizon T and sampling step        

Admissible bounds on the control input  

The Lyapunov function          
Adaptive weights ϕ1(xk), ϕ2(xk).
2.  Construction of the objective function:

3.  The system dynamics may be integrated numerically by several schemes:
The simplest model: Euler method

For improved accuracy of trajectory and stability estimates, a fourth-order Runge–Kutta method 
may be used:

where        

4.  Constraint Handling:

Control:                              

States:          

The Lyapunov derivative:

The constraints may be incorporated in two forms: either as soft penalties in the objective function  

by adding a term                                                                                    or as inequality constraints inclu- 

ded directly in the optimization formulation.

Optimization

To implement the proposed approach, a feedback control scheme with an adaptively adjusted gain  
is used. At each step, the control uk is calculated as follows:

1.  The current adaptive weights ϕ1(xk) and ϕ2(xk) are computed from the system state;
2.  The control input is defined as a function of the weight ratio:

where G is an adaptive gain that balances the convergence rate (ϕ1) and control-resource expenditure  
(ϕ2).
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Stabilization and regularization

To prevent divergence of the numerical procedure, the following methods are used:
1.  Projection of variables onto the admissible domain;
2.  Penalization of Lyapunov-function increase in the case of model inaccuracies (penalty for                  

                   

3.  Preventing oscillations at the equilibrium point (threshold-based setting of uk to zero);
4.  Filtering of numerical noise and low-amplitude oscillations (additional filtering).

Simulation of the Adaptive-Weight Method

To evaluate the effectiveness of the proposed approach with adaptive weight adjustment, numerical  
experiments were conducted for models with nonlinear dynamics to assess how adaptive weights affect  
system behavior, control energy, trajectory stability, and Lyapunov-function decay.

Experiment 1: A Single Nonlinear System
Model:

Initial state:                          

Simulation horizon: T = 15, N = 1500, Δt = 0.01;

Constraints:                        
In experiment 1, the values κ1 = 5.0, κ2 = 2.0, δ = 0.05 are used, which were selected based on the  

results of preliminary numerical experiments to ensure a pronounced priority of stabilization when  
the state is far from equilibrium and consistent redistribution of weights in the vicinity of the equilib- 
rium state.

To evaluate the effectiveness, we compare the baseline method with fixed scalarization and the  
proposed method with adaptive weights. In both cases, we use the same initial conditions, control and  
state constraints, and the same numerical integration scheme.

In the fixed-weight baseline, the coefficients were set to constant values ϕ1 = 2.0, ϕ2 = 3.0. There- 
fore, the corresponding constant gain in the feedback law was

These values remained unchanged throughout the trajectory. In the adaptive case, the same feed-
back structure was used, but the coefficients ϕ1(xk) and ϕ2(xk) were recalculated at each time step as  
functions of the current value of the Lyapunov function. Both simulations used the same initial condi-
tions, integration scheme, control bounds, state bounds, and Lyapunov-based correction procedure.  
Therefore, the comparison highlights the effect of replacing a constant priority ratio with state-depen- 
dent priority redistribution [1–4, 21, 26].

It should be noted that a specially tuned pair of constant weights may reduce the quantitative ad-
vantage of the adaptive approach [21, 26]. Therefore, the obtained results should not be interpreted as  
proof of superiority over all possible fixed-weight scalarizations.

Results

For the selected nonlinear model and the specified parameters, the Lyapunov function V(xk) de- 
monstrates a higher convergence rate to zero when using adaptive weights compared with the selected  
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Fig. 1. Comparison of fixed-weight and adaptive-weight control for a single system: (a) – dependence V(t);  
(b) – dependence u(t); (c) – phase trajectory; (d) – change in weights ϕ1, ϕ2 and coefficient G(t)

fixed-weight scalarization baseline. This indicates a reduction in the transition time in this numerical  
experiment, but it does not necessarily generalize to all nonlinear systems;

In the simulation, the adaptive redistribution of priorities leads to a larger control input at the  
initial stage and to a decrease in it near the equilibrium. As a result, the integral control energy E =  

                     is lower than that of the considered fixed-weight baseline. The magnitude of this reduc-

tion depends on the selected functions ϕ1, ϕ2, parameters κ1, κ2, control constraints, and the selected  
fixed-weight baseline level.

The phase trajectory also illustrates the effect of adaptive priority reallocation for the selected test  
model. This result should be interpreted as a numerical illustration of the proposed mechanism, rather  
than as a general proof of the superiority of arbitrary nonlinear systems. The adaptation mechanism  
is manifested in the fact that at the beginning of the process, the stabilizing component has a greater  
relative influence, while near equilibrium, the relative influence of the control cost component in-
creases.

Experiment 2: A Multi-Agent Consensus System
Consider a distributed system of M = 3 agents. In this simulation, the agents are homogeneous:  

each agent has the same local dynamics, but different initial conditions. Let the state of the i-th agent  
be denoted by

The local dynamics of each agent are defined by the system

( )2

0

T

u t dt= ∫
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i i ix x x i M= = 

2
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Thus, the control input ui enters the first equation of the agent's local dynamics. The connection  
between agents is introduced not as an additional physical term in the right-hand side of the system,  
but through a matching component in the control law.

The interaction graph is assumed to be fully connected. A normalized adjacency matrix is used for  
three agents [7, 8, 18, 20, 22]

The following adaptive control law is used:

where K determines the intensity of local agent stabilization, and ρ specifies the strength of the con-
sensus interaction with neighboring agents; in the simulation under consideration, K = 1.0 and ρ =  
= 1.0 were used, aij are the elements of adjacency matrix, Ni is the set of neighbors of the i-th agent.

A local Lyapunov function is used for each agent:

Weight functions:

Thus, each agent adapts the local weights based on its own state, but the consensus coupling term  
in the control law takes into account the deviation from neighboring agents. The local decrease in  
Vi(xi) alone is not sufficient to prove the stability and coordination properties of the entire multi- 
agent system, so the consensus error and the average value of the Lyapunov function over the group  
are also analyzed [8, 18, 20, 22].

Constraints:                                        

The parameters: κ1 = 2.0, κ2 = 10.0, δ = 0.05.
Heterogeneous agents with different local dynamics fi(xi, ui) are not considered in this article and  

require a separate analysis of the conditions for consensus and stability.
For the considered homogeneous system of three agents with a fully connected interaction graph,  

the simulation demonstrates a decrease in the disagreement between the agents and convergence of  
their states to a neighborhood of a common equilibrium.

In this experiment, the total control energy is reduced by more than 40% compared to the consid-
ered fixed-weight baseline. This effect is associated with an earlier reduction of the control effort near  
equilibrium. The quantitative value of the gain depends on the selected adaptive weight functions, the  
parameters κ1, κ2, the control constraints, and the selected fixed-weight baseline used for comparison.

The control inputs reach their highest values at the beginning of the transition process, and then  
decrease as the agent trajectories approach each other. In the simulation, the average Lyapunov func-
tion for the group tends to zero. This indicates a stabilization of the behavior of the chosen multi- 
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agent model, but this should be interpreted together with the consensus-error curve, since local Lya- 
punov reduction and network-level consensus are different properties of a distributed system.

The Python code to generate the plots (Figs. 1, 2) is available for download and can be run locally1.

Conclusions

The conducted research shows that adaptive adjustment of the weight coefficients in a multi-crite-
ria functional can be used as a control tool for nonlinear systems. The obtained results are applicable  
to models for which a Lyapunov function can be constructed, the state variables are measurable, con-
trol constraints are specified, and a stabilizing control law can be implemented. The main conclusions  
are as follows:

1.  A mechanism is proposed in which the weight coefficients of the objective function are dynam-
ically changed depending on the current state of the system through the Lyapunov function. Unlike  
classical weighted scalarization, in which the weight coefficients are fixed before the optimization  
or control process begins, the proposed approach allows the weight coefficients of the criteria to be  
recalculated in real-time. This allows for a shift in priority towards stabilization in the case of large  
deviations from equilibrium and towards energy conservation as the system approaches equilibrium.  
The chosen form of the weight coefficients is not the only possible choice and is considered as a rep- 
resentative of the class of smooth positive adaptive functions.

2.  The proposed approach is a development of existing approaches to multi-criteria control by  
using the Lyapunov function not only as a stability criterion, but also as a variable that regulates the  
redistribution of priorities between individual criteria. This distinguishes this method from known  
approaches to multi-criteria parameter optimization, where the Pareto-optimal regulator parameters  
are typically selected with fixed-weight coefficients for the criteria [2, 5, 6, 21, 25, 26].

1 GitHub – fershtadt/Adaptive-scale-adjustment · GitHub, Available: https://github.com/fershtadt/Adaptive-scale-adjustment (Accessed 
21.07.2026)

Fig. 2. Results of a numerical experiment for a multi-agent system:  
(a) – consensus formation process; (b) – control inputs of the agents;  

(c) – group dynamics of the Lyapunov function; (d) – total energy consumption
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